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Hidde D. Vuijk,1 Holger Merlitz,' Michael Lang,1 Abhinav Sharma,"*" and Jens-Uwe Sommer'*’
'"Leibniz-Institut fiir Polymerforschung Dresden, Institut Theory der Polymere, 01069 Dresden, Germany
*Technische Universitiit Dresden, Institut fiir Theoretische Physik, 01069 Dresden, Deutschland

® (Received 28 October 2020; accepted 23 April 2021; published 21 May 2021)

Active particles with their characteristic feature of self-propulsion are regarded as the simplest models
for motility in living systems. The accumulation of active particles in low activity regions has led to the
general belief that chemotaxis requires additional features and at least a minimal ability to process
information and to control motion. We show that self-propelled particles display chemotaxis and move into
regions of higher activity if the particles perform work on passive objects, or cargo, to which they are
bound. The origin of this cooperative chemotaxis is the exploration of the activity gradient by the active
particle when bound to a load, resulting in an average excess force on the load in the direction of higher
activity. Using a new theoretical model, we capture the most relevant features of these active-passive
dimers, and in particular we predict the crossover between antichemotactic and chemotactic behavior.
Moreover, we show that merely connecting active particles to chains is sufficient to obtain the crossover
from antichemotaxis to chemotaxis with increasing chain length. Such an active complex is capable of
moving up a gradient of activity such as provided by a gradient of fuel and to accumulate where the fuel
concentration is at its maximum. The observed transition is of significance to protoforms of life, enabling
them to locate a source of nutrients even in the absence of any supporting sensomotoric apparatus.
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Escherichia coli is able to steer toward sources of
nutrients by altering its tumble rate [1]. While searching,
it performs temporal comparisons of nutrient concentra-
tions along its trajectory, and as the concentration
increases, the swimmer lowers its tumble rate to move
up the concentration gradient of nutrients. This search
strategy, known as “klinokinesis with adaption,” leads to
accumulation of bacteria near the top of the nutrient
density and thus to chemotaxis [2,3]. It requires a delicate
apparatus for chemical sensing and information process-
ing and a corresponding motoric response, available only
to organisms that have reached an advanced level of
evolution.

Much simpler are self-propelled particles, which merely
adjust their speed in response to the local fuel concen-
tration, a mechanism called “orthokinesis.” Synthetic Janus
particles, an example of this class of swimmers, are driven
by catalytic reactions in the presence of, e.g., hydrogen
peroxide [4] or hydrazine [5]. Biological molecules such as
catalytic enzymes have also been reported to show ortho-
kinetic behavior [6]. Instead of intentional tumble move-
ments, induced by flagella as used by E. coli, these particles
change direction randomly through rotational Brownian
motion, and, if of roughly spherical shape, the rotational
relaxation time is almost independent of the degree
of propulsion. Usually, their swim speed (i.e., degree of
activity) is positively correlated with the concentration of
fuel. As a consequence, one can show that in the presence
of a fuel gradient such active Brownian particles (ABPs)
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accumulate in regions where the fuel concentration is low,
known as antichemotactic behavior [7,8]. This corresponds
qualitatively to that of passive Brownian particles in a
temperature gradient [9] and to everyday experience that
physical bodies accumulate in regions where they are less
agitated or moved. This has been recently shown to play a
role in the positioning of the nucleus in certain animal cells
[10-12]. Although ABPs can display interesting transient
behavior in fuel gradients, called pseudochemotaxis
[13-16], activity does not lead to an advantage in the
search for fuel sources compared to passive diffusion on
long timescales [17].

These observations have led to the general belief that
chemotaxis, a prominent feature of living systems, cannot
be reflected by uninformed moving objects, in particular
not by ABPs. In this Letter, we demonstrate that ABPs can
show chemotactic behavior in activity gradients when they
are bound to a passive cargo particle. With increasing
cargo, the active-passive complex switches its behavior
from antichemotactic to chemotactic and accumulates in
regions with a large fuel concentration (see Fig. 1).
Furthermore, we show that an explicit distinction between
cargo and active particles is not fundamental to our
proposed mechanism and can self-emerge in an active
system. We demonstrate this in a system of ABPs con-
nected in a chain: with increasing chain length, there is a
crossover from antichemotaxis to chemotaxis.

Our model consists of an ABP [18] attached to a passive
cargo by a stiff bond, thus forming a dimer. The activity of
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FIG. 1. Crossover from antichemotactic to chemotactic behav-
ior. ABPs are sketched as circles with arrows. Cargo particles
(sketched as empty circles) are bound to ABPs. (a) When the
cargo is small, that is, its friction coefficient is small, the dimer
accumulates in low activity regions (antichemotaxis). When the
cargo is large, the dimer accumulates in the high activity regions
(chemotaxis). (b) Self-emergence of cargo in active chains. When
active particles are connected in a chain, one observes the
crossover from antichemotactic to chemotactic behavior with
increasing chain length. (c) A sketch of the Born-Oppenheimer
approximation. A single ABP is connected to a cargo (black
circle) with a fixed position. Because the cargo is fixed in space,
the ABP (open circle with arrow) is able to explore the space
around the cargo (translucent ABPs) and sense the gradient in the
swim force (f,). On average, the ABP pulls on the cargo in the
direction of the gradient of the swim force, which results in an
effective force (F) on the cargo. The f,/x graph in (c) shows
the swim force in the neighborhood of the cargo.

the ABP is characterized by its persistence time 7z (char-
acteristic time of rotation of the active particle) and a space-
dependent swim force f,(r), which we assume to be
proportional to the local fuel concentration. Regions where
the swim force is large (small) we call high (low) activity
regions. The friction coefficient of the ABP is y and that of
the cargo is gy. The load on the ABP is increased by
increasing ¢g. Temperature is denoted by 7 in units of the
Boltzmann constant.

The Fokker-Planck equation corresponding to the prob-
ability density of this system is

0,P(1) = —%vl ([FP(t) + £ pP(t) - TV, P(1)

1
+ 5V2 -[FP(t) + TV,P(1)]

+((1_171)TR2P(0, (1)

where P(t) = P(ry,p,r,,t), r; and p are the position and
orientation of the ABP, r, is the position of the passive
particle, and ¢ is the time. The force F comes from the stiff
bond with unit length connecting the two particles. R =
P X VP is the rotation operator [19]. All results hold for
d € {2,3} dimensions.

We coarse grain Eq. (1) in two steps. First, we expand
P(t) in eigenfunctions of R? [20-24] and transform
to the “center-of-friction” coordinate R = (1/1 + q)r;+
(¢/1+ q)ry, which we take as the position of the dimer,
and the internal coordinate ¥ = r; — r,. Then we integrate
out the orientational degrees of freedom p and the internal
coordinate and ignore terms O(V?) [25]. This approxima-
tion is valid when the separation between the ABP and the
passive particle and the persistence length of the ABP are
small compared to gradients in the system. This results in
the following equation for the probability density of the
dimer:

OpR. 1) ==V -J, (2)

where the flux of the dimers is

J— —%ep(R, VD(R) - DR)Vp(R.1),  (3)

with
d—1
—1l—g— 4
€ q— (4)
and
1 T 1z
D(R) = - — £2(R), 5
(R) l+qy (1+q)dy? ®) )

is the coarse-grained space-dependent diffusion coefficient
of the dimer. The theoretical results are validated by
Brownian dynamics simulations [37,38]. Details of the
simulations can be found in the Supplemental Material [25].

Figure 2 shows the stationary density distribution of
dimers with a different friction ratio g. As long as the cargo
is highly mobile (small ¢g), the dimer accumulates in
regions of low activity like a single ABP, which—being
an orthokinetic swimmer—is antichemotactic. When the
cargo has large friction (large q), it exhibits chemotaxis and
accumulates where the activity is high. The crossover from
antichemotactic to chemotactic behavior is captured by the
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FIG. 2. Density distributions of ABPs relative to the bulk
density p, = =z [% dxp(x) in three dimensions rigidly bound to
a passive cargo particle with different friction (top panel). The
bond length of the dimer is unity and is used as the unit of length.
The ABP has an orientational correlation time of 7 = 1/40 and a
swim force f,(x) = 1/6(x + 30) (bottom panel). The dimen-
sions of the simulation box are 60 x 60 x 60. The particles
interact with the confining walls via a short-range Weeks-
Chandler-Anderson potential [39]. Because the theory ignores
boundary effects, we only show the density for —28 < x < 28.
Boundary effects could be included using the methods described
in [40,41]. Symbols show simulation results; solid lines show the
analytical prediction [Eq. (6)]. With a highly mobile cargo
particle (blue diamonds), the dimer accumulates in regions of
low activity (antichemotaxis). At the predicted friction ratio
q=d/(d—1)=3/2, a uniform concentration is found (black
squares). With a less mobile cargo (circles), the dimer accumu-
lates where the activity is high (chemotaxis). The dashed line
shows the limit of infinite friction of the cargo. This limiting case
corresponds to the behavior of the system under the Born-
Oppenheimer approximation in which the cargo particle can
be considered as immobile and the ABP moving in a stationary
potential. The dotted line shows the limit of vanishing friction of
the cargo, where the dimer behaves like a single ABP.

coarse-grained equations, which yield the following
expression for the steady-state density of the dimer:

1 T —3€

I+————fiR)

6
1+qyTd (6)

P(R)

For g < d/(d — 1), € is positive, and the dimer is chemo-
tactic. For ¢ > d/(d — 1), € is negative, and the dimer is
antichemotactic. At the threshold ¢ = d/(d — 1), the dis-
tribution of the dimer is uniform and independent of the
swim force. Note that, in the limit of ¢ — 0, the density
distribution of the dimer reduces to that of a single ABP,
and it accumulates in the region of low activity. In general,

the exponent ¢ depends on the potential between the two
particles. In the Supplemental Material, we show that the
qualitative behavior of the system is unaffected by the
choice of the potential [25].

In order to understand the mechanism behind the switch
from antichemotaxis to chemotaxis for increasing g, we
consider the small and large ¢ limits separately. When the
friction coefficient of the cargo particle is much smaller
than that of the ABP, the cargo relaxes to its quasisteady
state distribution at each position of the ABP. In this limit,
one can consider the dimer to be a single ABP with an
increased friction coefficient. Accordingly, the dimer accu-
mulates in the low activity regions (antichemotaxis). In the
limit of large friction of the cargo particle, the ABP relaxes
to a quasisteady state distribution at each position of the
load particle, and the ABP probes the neighborhood of the
cargo particle. The activity gradient results in an effective
force on the cargo particle in the direction of the activity
gradient. In this limit, one observes the accumulation of the
system in high activity regions (chemotaxis).

The steady-state density in the large friction limit can be
obtained following an independent approach similar to the
Born-Oppenheimer approximation in quantum mechanics
[42]. When the cargo is large, one can consider it as
immobile and the ABP as moving in a stationary potential.
The ABP explores the environment around the load and
exerts an effective force

-1t

TZdy sz%("z) (7)

Fog(ry) =

on it, which is up the swim force gradient (see Fig. 1). This
effective force can be considered as the driving force for the
total system. The steady-state density of a passive
Brownian particle with friction gy in a such an effective
force field is

ld-1 =

p(R) x exp {?Tﬁf%(ﬁ’)} ; (8)

which shows that for large ¢ the dimer moves preferentially
to regions of high fuel concentration. For details of the
calculations, see the Supplemental Material [25]. Note that
this density is the ¢ — oo limit of Eq. (6). This consideration
shows that it is indeed the ability of the active particle to
explore the activity gradient that causes the chemotaxis.
Whereas the steady-state distribution measures the
chemotactic behavior of the dimer, it does not shed light
on the “efficiency” of the chemotactic transport of cargo
particles by the ABPs. Though large ¢ results in the
strongest chemotactic behavior, it also slows down the
transport of the cargo particle due to the increased friction
of the dimer. In our case, this leads to an optimum ¢ that
yields the fastest transport to regions of high activity. To
quantify this, we use the initial rate of change of the average
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FIG. 3. Time derivative at t = 0 of the average position of the
dimer in the same setup as Fig. 2, starting with a uniform
distribution (dx/dt). Symbols show simulation results (colors as
in Fig. 2). The line is the theoretical prediction dx/dt « ¢/(1 +
q)? with the proportionality constant fitted to the data (for details,
see [28]). Inset: initial time evolution of the average position
[x(7)] for several values of g. The solid lines show the linear fit for
the short time from which the data in the main figure is extracted.
For ¢ < d/(d — 1) = 3/2, the dimers move to the left down the
swim force gradient. For g > 3/2, the dimers move to the
right up the swim force gradient. As ¢ increases beyond
(3d—1)/(d — 1) = 4, the dynamics start to slow down due to
the increase in the friction of the dimer.

position of the dimer, starting with a uniform distribution
(see Fig. 3). For this setup, the displacement of the dimer is
determined by the convective velocity, which can be read
off from Eq. (3), V(R) = —1eVD(R) « Vfie/(1 + q)*.
Depending on the value of g, this is either up the swim
force gradient (chemotaxis) or down the swim force
gradient (antichemotaxis). The convective velocity has a
maximum at ¢ = (3d — 1)/(d — 1), which coincides with
the simulation result. Note that for biased movement up the
swim force gradient, only a large enough cargo is neces-
sary, and no memory [43], temporal integration of the fuel
concentration [44], or an explicit coupling between the
swim force gradient and the orientation of the ABP [45,46]
is required.

Instead of coupling an ABP to a passive cargo, several
ABPs can be combined to form chains or clusters of N
“monomers” [47,48]. Then, each individual ABP may be
regarded as an active pulling agent connected to a “cargo”
of N —1 particles because the other N — 1 ABPs do not
pull coherently in identical directions but rather in random
directions. Figure 4 displays the stationary radial density
distribution profiles of the molecules inside the container.
Short oligomers are antichemotactic and stay away from
regions of high activity. Long polymers, on the other hand,
are chemotactic and accumulate where activity is high.
The crossover point is seen with the quadromer, which is
roughly uniformly distributed in the activity field.

1073

P(r) 194

1075 o

FIG. 4. Stationary concentrations of ABP molecules inside a
spherical container of radius r,, = 25. The symbols show
simulation data, and the lines are a guide for the eye. The source
of the activity is at the center of the container, and the driving
force decreases as f(r) = 15/r for r > 1 and remains constant
fs(r) =15 for r < 1. This activity profile corresponds to a
stationary fuel source emitting fuel by diffusion. The single
particles and dimers are antichemotactic and are driven out of the
region of high activity (blue diamonds) The quadromer is
distributed uniformly (black squares). Longer polymers
(N > 4, red circles) are chemotactic and accumulate near the
peak of the fuel concentration.

Polymeric ABPs are therefore qualitatively similar to a
single ABP coupled to a passive cargo. If either the cargo is
sufficiently inert or the degree of polymerization suffi-
ciently high, such that it inhibits the free motion of an
individual ABP, then the situation of a single ABP inside an
approximately stationary potential arises. Inside an activity
gradient, the particle is running up the confining potential
in the direction of increasing activity. This bias generates a
net force which, if the system is mobile, drives the same up
the activity gradient. If, however, the cargo is rather mobile,
then the motion of the ABP remains approximately undis-
turbed and the complex runs down the activity gradient as
an individual ABP does.

ABPs are equivalent to other models of active matter,
such as run-and-tumble particles [20,49] or active Ornstein-
Uhlenbeck particles [50,51], and the results shown here
also apply to these models. We show in the Supplemental
Material [25] that the chemotactic behavior observed in the
active-passive dimer cannot be reproduced in a system of
dimers in which the active particle is replaced by a passive
Brownian particle coupled to a spatially inhomogeneous
thermostat [25].

An interesting outlook is the development of artificial
nanomachines that can locate origins of fuel gradients
based on the design principle of coupling ABPs to passive
cargo without a complex sensing and steering system.
Furthermore, a natural progression of this work is to study
how the behavior of a single active-passive dimer or more
complex clusters in an activity gradient affect the collective
properties of a system with a large number of such
components [52-55].
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The coupling of active bodies with or without passive
bodies leads to effective sensing of gradients of activity
(fuel) and can be generalized in several directions. First, the
connectivity between the bodies does not need to be linear
as in the studies presented in this Letter. Virtually any kind
of topology of connecting the active bodies leads to
effective chemotaxis, given that the complex provides
sufficient friction to single active bodies. Moreover, active
bodies moving inside a container that is permeable for the
fuel but not for the active bodies can give rise to
chemotactic motion of the container, provided the activity
gradient is present inside the container. Also in this case, it
is the exploration of the active bodies in the gradient field
that leads to a higher averaged pressure on the container
walls located at the higher activity. Our results may shed
light on the origin of prebiotic forms of life and how
chemotactic sensing has emerged during evolution.
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