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Giant anomalous Hall effect (AHE) and magneto-optical activity can emerge in magnets with topologically
nontrivial degeneracies. However, identifying the specific band-structure features such as Weyl points, nodal
lines, or planes which generate the anomalous response is a challenging issue. Since the low-energy interband
transitions can govern the static AHE, we addressed this question in the prototypical magnetic Weyl semimetal
Co3Sn, S, also hosting nodal lines by broadband polarized reflectivity and magneto-optical Kerr effect spec-
troscopy with a focus on the far-infrared range. In the linear dichroism spectrum we observe a strong resonance
at 40 meV, which also appears in the optical Hall conductivity and primarily determines the static AHE, and thus
confirms its intrinsic origin. Our material-specific theory reproduces the experimental data remarkably well and
shows that strongly tilted nodal-line segments around the Fermi energy generate the resonance. While the Weyl
points only give vanishing contributions, these segments of the nodal lines gapped by the spin-orbit coupling
dominate the low-energy optical response and generate the giant AHE.

DOLI: 10.1103/PhysRevB.107.214441

I. INTRODUCTION

Topological Dirac and Weyl semimetals have received
much attention, since at low energies their electrons mimic
relativistic particles [1]. Moreover, topological semimetals
with higher dimensional degenerate manifolds, such as nodal
lines or planes, have been predicted and observed, which
host quasiparticles that are unprecedented in particle physics
[2-5]. These peculiar band-structure features give rise to e.g.
exceptionally high mobility [6,7], chiral anomaly [8,9], Fermi
arcs and drumhead surface states [10-13], and unusual quan-
tization of orbital motion in a magnetic field [14,15].

Recently, the search for such topological band features
in magnetic materials has become a hot topic. In magnets,
the topological nodes can be controlled by magnetic fields
[16-18], they induce exotic domain wall states [19,20], and
generate enhanced anomalous Hall effect (AHE) [1,21]. The
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intrinsic AHE being proportional to the Berry curvature inte-
grated over the Brillouin zone (BZ) is of particular importance
as it is a direct consequence of the nontrivial band topology
[22]. At the heart of these phenomena, there is the interplay
between the magnetic order and the band structure mediated
by the spin-orbit coupling (SOC). In the ordered state, the bro-
ken spin-rotation symmetry may either reduce the degeneracy
of the manifolds, e.g., transform a nodal line into Weyl points
[23,24], or completely gap out the nodes, which may stabilize
a topological insulator phase [25]. Therefore, from the many
band-structure features, pinpointing those responsible for the
anomalous responses is highly desirable.

This is an especially important question in the proto-
typical magnetic Weyl semimetal Co3;Sn;S, with individual
Weyl points remaining degenerate from SOC gapped nodal
loops. Its crystal structure (space group R3m) consists of
an ABC-type stack of Co3Sn kagome layers, and belongs
to the family of shandites [26]. Below T, = 177 K, a ferro-
magnetic order develops with the moments aligned towards
the ¢ axis at low temperatures. Just below the transition,

©2023 American Physical Society
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an anomalous magnetic phase with noncollinear order was
proposed [27,28], but more recent experiments suggest that
the domain configuration changes instead [29,30]. Due to its
kagome structure, Co3Sn,S, possesses nontrivial electronic
topology. In addition to flat bands [31,32], nonrelativistic den-
sity functional theory (DFT) calculations propose nodal loops
on high-symmetry planes of the BZ, which become gapped
upon including SOC, each leaving behind a pair of Weyl
nodes [33-35]. Angle-resolved photoemission spectroscopy
(ARPES) studies confirmed the existence of the nodal line and
Fermi arcs in this system [35-37] and chiral edge modes were
found in scanning tunneling microscopy [38]. The Berry cur-
vature accumulated by the anticrossing line is claimed to be
the source of large anomalous Hall and Nernst effects in this
material [23,34], while others suggest that the Weyl nodes are
responsible for the AHE [33]. Its magnitude reaches as high as
1200 ' cm~! and is therefore comparable to the AHE in the
related compound Fe;Sn, [39,40], in which, as demonstrated
recently, only a fraction of the intrinsic AHE can be attributed
to twisted nodal lines [41]. Therefore, although the DFT band
structure of Co3zSn,S; is relatively simple close to the Fermi
level, it is to date unclear which band-structure feature domi-
nates the AHE—the gapped nodal loop or the Weyl points.

Here, we address this fundamental question and determine
the full optical conductivity tensor of Co3Sn,S, by polarized
infrared reflectivity and magneto-optical Kerr effect (MOKE)
spectroscopy:

Oxx(w) ny(a)) 0
6’((1)) = —ny((!)) Uxx(w) 0 . (1)
0 0 0z (w)

For simplicity and readability, we omit the explicit frequency
dependence for the rest of the paper.

Our results indicate that linear dichroism, evaluated by
the ratio of the conductivity in the kagome plane, oy, and
out-of-plane, o, is a sensitive probe of topological features
of layered materials. We find a resonant enhancement of the
linear dichroism due to transitions along the gapped nodal
line. We reveal a giant magneto-optical activity in the same
energy range by extending MOKE spectroscopy down to
hw = 25 meV. Specifically, we observe (1) a resonance peak
at 40 meV in the Hall conductivity spectrum, oy,, which has
not been detected before, and (2) directly capture the finger-
prints of the nodal loop in the optical conductivity without any
extrapolation of o,,. We highlight that MOKE spectroscopy is
a bulk-sensitive, direct probe of the interband transitions re-
sponsible for the Berry curvature and the intrinsic AHE, which
is information not available for ARPES. Complemented by
ab initio calculations, we analyze the momentum space dis-
tribution of the Hall spectral weight, which allows us to
disentangle the contributions of the gapped nodal line and
Weyl points.

II. EXPERIMENTAL METHODS

For the magneto-optical measurements, a large single crys-
tal of Co3Sn,S; was grown in a cylindro-conical shape (1 cm
in diameter and 5 cm in length) from its melt by a modified
Bridgman method [42-44]. About 10 g of polycrystalline
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FIG. 1. Optical spectra measured for several temperatures be-
tween 10 and 200 K of (a) the reflectivity on the kagome plane and
(b) along the stacking direction. The insets highlight the orientation
of the electric field. (c) Kerr-rotation and (d) ellipticity on the ab-
plane in the energy range up to 3 eV.

Co3Sn, S, synthesized by a solid state reaction was charged
in a tipped glassy carbon crucible which was sealed under
vacuum in a quartz tube. The sealed ampule was suspended
by a Kanthal thread from the top to the hot zone of a vertical
tube furnace and heated over 30 hours up to 1000 °C, kept
for 6 h, and then slowly cooled over 72 h to 800 °C. After
furnace cooling, the crystal was removed from the crucible
and could be easily cleaved in the (001) plane. Crushed parts
were investigated by powder x-ray diffraction, Laue x-ray
spectroscopy and wave-length dispersive x-ray spectroscopy,
those indicated a single-phase and high-quality grown crystal
with stoichiometric chemical composition of Co3Sn;S.
Polarized reflectivity spectra were measured on cut and
polished ab and ac surfaces with a lateral size of ~5 and
~3 mm, respectively. The spectra were obtained in a Bruker
IFS/66 FTIR-spectrometer for the MIR-VIS range and a
Bruker Vertex 80v for the FIR. The spectra were measured in
the frequency range 80-32000 cm~! (0.01-4 eV) from room
temperature down to 10 K. As references, a silver and gold
mirror where used in the MIR-VIS and FIR experiments,
respectively. The optical conductivity o; was calculated by
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using Kramers-Kronig analysis on the merged spectra. At
this point, the low-energy side of the reflectivity spectrum
was extrapolated by using a Hagen-Rubens law and the
dc-conductivity, while for the UV the reflectivity spectrum
was extrapolated with free electron behaviour setting in at
10° cm ™! and an exponent for the interband regime of 1.5.

The broadband MOKE spectra were recorded in near-
normal incidence and were combined from several measure-
ments in different frequency ranges, employing grating and
interferometer based spectrometers as described elsewhere
[41,45-47]. Small permanent magnets provided a field of
4+0.3 T at the sample position. A schematic of the MIR—
MOKE setup is shown in Fig. S2. Because of the large
uniaxial anisotropy in this material, the sample was cooled
across T in positive and negative fields to ensure complete re-
versal of the magnetic domains. The Hall conductivity spectra
were calculated using the complex Kerr rotation (0.025-3 eV)
according to

Oxy

9
-1
Olxxy/ 1 +l£0_waxx

where o is the angular frequency of the photon and ¢ is the
vacuum permittivity.

0+in=— )

III. DFT CALCULATIONS

The electronic structure of Co3Sn,S, was calculated using
the Vienna ab initio simulation package (VASP) based on
the DFT [48-50]. The generalized gradient approximation
of Perdew-Burke-Ernzerhof was adopted for the exchange-
correlation functional [51]. For the crystal structure for
Co3Sn, S, the experimentally determined lattice parameters
were used with @ = 5.379A and o = 59.8658° [52]. In
the self-consistent band structure calculations, I'-centered k
meshes of 24 x 24 x 24 were used in the Brillouin zone inte-
gration. The optical properties are further evaluated using the
Wannier functions, and the Kubo-Greenwood formula [53].

A fine mesh of 400 x 400 x 400 k points are applied
during the integration with good convergence. The Wannier
functions were constructed using Co d, Sn s, p, and S s, p
orbitals with a resulting tight-binding model well describing
the DFT band structures (cf. Fig. S2).

IV. EXPERIMENTAL RESULTS

The reflectivity and MOKE spectra measured between 10
and 200 K are included in Fig. 1 of the Supplemental Material
[42]. The out-of-plane reflectivity remarkably differs from the
in-plane spectrum, the latter being in agreement with earlier
reports [32,54]. In the overlapping energy range, the MOKE
spectra agree with those published in Ref. [55]. Beside the
giant Kerr rotation with a peak magnitude of —3.3° at 0.09 eV,
we resolve a peak around 50 meV in the ellipticity with a
magnitude of 2°, which was not detected before. Importantly,
our Kerr rotation and ellipticity obey the Kramers-Kronig
relation and fulfill the magneto-optical sum rule, requiring
that both parameters approach O for v — 0.

We show the low-energy spectrum for each independent
component of the optical conductivity tensor in Fig. 2 (a broad
energy range is shown in the respective inset). The corre-
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FIG. 2. Comparison of the experimental conductivity spectra
measured between 10 and 200 K (colored lines) and the theoretical
DFT spectra (black lines) calculated as described in the text. (a), (b),
(c), and (d) respectively show the real parts of the diagonal, Re o,
and Re o, as well as the imaginary and real parts of the off-diagonal
conductivity spectra, Im o, and Re o,,. For comparison, the static
conductivity values are plotted as colored squares at zero energy. The
respective insets show a broad energy range.

sponding static conductivity values are shown for comparison
and agree well with the respective spectra at the low-energy
cutoff. In panel (a), the real part of oy, exhibits a Drude-
like increase towards zero energy responsible for the static
conductivity. At 30 meV, a peak is forming below 100 K,
separated well from the free-carrier response. For even higher
energies, we find a small temperature-dependent hump around
0.25 eV and a step edge around 0.6 eV before the conductiv-
ity becomes flat without significant temperature dependence.
These features agree with earlier reports [32,54,55].
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FIG. 3. (a) Optical anisotropy spectra Reo,,/Reo,,. The in-
set shows a broader energy range. (b) Hall angle spectra ®y =
arctan Re(oy, /0y, ) with a maximum of 42.7°.

The out-of-plane conductivity spectrum, o, in panel (b),
strongly deviates from o,,. Most strikingly, no sign of a Drude
peak is observed down to our low-energy cutoff, and the dc
conductivity is also much lower for this direction, indicated by
the colored squares at zero energy. Therefore, we suspect that
within the kagome planes, the strong orbital overlap between
Co sites can produce a coherent conduction, manifested in the
Drude term. In contrast, the transport is likely due to incoher-
ent hopping perpendicular to the planes [56]. We find a peak
at 40 meV, which broadens and shifts to lower energies upon
lowering the temperature, before it eventually splits in two
below 80 K. At higher energies, we find a minimum at 0.4 eV,
which becomes sharper at low temperatures, and a step edge
at 0.6 eV. For even higher energies, o, is featureless though
slightly increasing without distinct temperature dependence,
similar to oy, [see inset of panel (b)].

In Figs. 2(c) and 2(d), the Hall conductivity spectrum o,
shows a strong resonance at 40 meV, in coincidence with the
in- and out-of-plane diagonal components and their ratio (cf.
Fig. 3). We emphasize that this far-infrared range has not been
covered so far, while the higher energy part of the spectra
agree very well with Ref. [55]. Both the imaginary and real
parts exhibit a large enhancement towards low temperatures,
where the peak in the real part overshoots the dc AHE be-
low 60 K with a magnitude as high as 2000 Q~'cm™! at
10 K. The good agreement between the low-energy tail of the
real part of oy, and the dc AHE together with the formerly
published featureless terahertz data [55], suggests that there
are no further excitations in the narrow uncovered energy
window. Furthermore, as the scattering rate obtained from the
Drude peak for o,, is below the cutoff for o,,, we conclude
that the giant anomalous Hall conductivity of Co3Sn,S, has

dominantly intrinsic origin and it is generated by the interband
resonance observed here.

V. AB INITIO ANALYSIS

In order to reveal the microscopic origin of the observed
spectral features, we performed ab initio calculations provid-
ing all symmetry-allowed elements of the conductivity tensor
[57]. The theoretical spectra are coplotted with the experiment
in Fig. 1. Disregarding the intraband contribution that is not
included in the theory, the spectra qualitatively reproduce all
conductivity components on a large energy scale, although
the spectral features appear slightly shifted to higher ener-
gies compared to experiment, which may indicate correlation
effects [32].

We quantified the linear dichroism for in- and out-of-plane
polarizations by calculating Re o,,/ Re o, from the spectra
shown in Fig. 1. As demonstrated in Fig. 2, the theory agrees
with the experiment remarkably well, especially at higher
temperatures. We find that around the resonance at 40 meV,
0, becomes three times larger than o,,. As the temperature
is decreased in the experiment, some of the spectral weight
splits and moves to lower energies. Although this is not prop-
erly captured by the DFT calculations, the overall tendency,
that o, is stronger at the resonances, remains valid. The
optical anisotropy is closely related to the selection rules,
which depend on the irreducible representations of the dipole
operators as well as the initial and final states within the
underlying point group [58]. For instance, a dipole opera-
tor with a trivial representation would only allow transitions
between states of the same orbital character. Interestingly,
in topological materials, the presence of protected crossing
points prevents hybridization, enabling clear differentiation of
anisotropy through the selection rules. As the Kubo formalism
accurately describes the low-frequency anisotropy spectra in
the current project, it suggests optical anisotropy as a poten-
tially new signature of nontrivial topological band structures.
Detailed derivations and the generality of such signatures in
all topological materials are beyond the scope of the current
project but will be kept as a future direction.

The Hall conductivity is also well reproduced by theory
as shown in Figs. 2(c) and 2(d). The imaginary part shows a
sudden increase at 40 meV, where the resonance is observed in
the experiment, though it is not that pronounced. Importantly,
the theory properly captures the 34.3 meV peak in Re oy,. The
experimental feature is somewhat sharper like in the case of
the imaginary part, which may again be related to electronic
correlations [32]. The dc extrapolation of the theory yields the
same AHE as the magnetotransport measurements. Backed
with this remarkable agreement, we now analyze the band-
structure origin of this giant optical Hall effect signal.

We deduced the momentum decomposition of the off-
diagonal conductivity by introducing the Hall spectral weight
H,y(w,K) as oy (w) = ie*/hV [,, Hyy(w, k). [For details see
Eq. (S1) and the text of the Supplemental Material [59].]
Figure 4(b) shows the Hall spectral weight of the 34.3 meV
low-energy peak in Reoy, on one of the mirror planes
containing the nodal line and the Weyl points as indicated by
the rainbow line and black labels, respectively [34,60]. The
black line is the border of the BZ, the green lines plot the
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FIG. 4. (a) Location of the nodal lines and the Weyl nodes in the Brillouin zone. The color scale encodes the position relative to the Fermi
energy. (b) The Hall spectral weight of the calculated 34.3-meV peak on the mirror plane containing the nodal line and Weyl points. (c) Band
structure along the main contributing areas of the real part of the off-diagonal optical conductivity. The gray shading highlights the energy
range below 50 meV where we expect contributions to the peak in Re oy,. The non-high-symmetry points A and B are (0.0, 0.4002, 0.301) and

(0.0, 0.7373, 0.0) in reciprocal lattice units.

Fermi surface, and the color map presents the spectral weight.
For better orientation, panel (a) plots the nodal lines where the
coloring encodes the position of the band crossing relative to
the Fermi energy. To exempt the contribution from other parts
of the BZ, we also checked the Fermi surface of Co3Sn»S, to
confirm that no accidental crossings appear around the Fermi
level in locations away from the focused mirror plane.

We find several hotspots of Hall conductivity on the slice of
the BZ. Interestingly, there is no significant contribution from
the Weyl points as they are located 60 meV above the Fermi
energy and cannot contribute to the response in the range
below [34,60]. Instead, we find regions close to I" and in the
vicinity of A with positive and negative weights right next to
each other. Since the conductivity is determined by integration
over the BZ, the opposite weight from these points cancels to
a large extent. This leaves the large positive patch on the I'-A
line giving the dominant contribution. Aside from the regions
around I', we always observe a hot spot when the nodal
line comes close to or crosses the Fermi energy (light-green
segments of the loop), hence the hotspots always connect two
close regions of the Fermi surface (dark-green lines).

Although the hot spots seem to have a similar origin, they
behave differently in producing optical weight. In order to
see the underlying shape of the bands, we introduce two
non-high-symmetry points A and B, to plot the band structure
along cuts through the hot spots, shown in Fig. 3(c) with
and without SOC. The gray shading indicates the relevant
low-energy range in the same fashion as in Fig. 1. Along the
B-A line, we cut through a hot spot with subsequent positive
and negative weights. Here, the two red spin-up bands forming
the nodal line are close to the Fermi energy, so with SOC,
one of the bands is filled and the other is empty in between
the crossings, allowing the optical transitions. Importantly, the
tilt of the crossing points is opposite, which is the reason for
the different signs of their contribution to oy, [61,62]. Around
I', we have a similar situation where two red spin-up band
inversions appear with opposite tilt. The SOC opens a gap,
which allows transitions once the upper band is above the
Fermi energy, also producing an optical Hall response.

The situation must be different along the A-I" line, where
the large positive hot spot does not have a negative partner
nearby. Here, we observe only one strongly tilted crossing.
Again, with SOC the upper band is pushed above the Fermi
level enabling the transition. Due to the strong tilt, the two
bands stay nearly parallel over a relatively broad k interval,
so the Berry curvature of the gapped nodal line is summed up
over a narrow energy range that produces the large patch of
optical weight. By inversion and threefold rotation symmetry,
we expect a total of six such spots in the BZ dominating the
anomalous Hall conductivity.

Since the interband transition from this feature also gives
rise to diagonal conductivity, we directly compare o,, and
oxy by calculating the Hall angle, ®y = arctan Re(oy,/0xy),
which is shown in Fig. S3. At 40 meV, the giant off-diagonal
conductivity has almost the same magnitude as the diagonal
conductivity producing a very large Hall angle of 42.7°. When
the Kubo formula is written using the circular momentum
operators p+ = py £ ip,,

627.[ |f[8n(k)] - f[gl/l(k):”
4m2V h Z

k,n,n’

Imoxy = 5(60 - wnn/)

Wnp!

x [{n, Klpsln', K) > = [n, Klp-In', )P, (3)

oy, depends on the difference of the two circular components,
whereas o,, is given by their sum [63]. As a consequence,
the largest possible Hall angle for an interband transition is
45°. This is realized when one matrix element is zero, which
indicates an almost fully polarized transition in the present
case, yielding a nodal line resonance.

VI. SUMMARY AND CONCLUSIONS

In summary, we provide a showcase for disentangling the
contributions of various topological features to the AHE, and
identify the gapped nodal line as the main source of the
giant AHE in Co3Sn;S,. Facilitated by far-infrared MOKE
spectroscopy, we observe a low-energy magneto-optical res-
onance. As the zero-energy extrapolation of this interband
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transition captures the static Hall conductivity, we confirm
that the AHE is dominantly intrinsic. Our ab initio calcu-
lations are able to reproduce the experimental spectra with
remarkable accuracy, allowing a momentum and band decom-
position of the optical Hall conductivity. We find that the
Weyl points located 60 meV above the Fermi energy only
yield singular contributions in small k volumes. By contrast,
the nodal line segments approaching or crossing the Fermi
energy produce large AHE hot spots after being gapped by
SOC. In addition, we verify that the tilt of the nodal line is
a crucial factor, producing the strong nodal-line resonance
observed here, but can also lead to pairwise cancellation.
Remarkably, the linear dichroism is significantly enhanced by
the nodal-line resonance, providing a potentially new spectro-
scopic indicator of topological states. Finally, we note that this
magneto-optical analysis is not restricted to Weyl semimetals
but applicable for a broad material platform, where large
AHE is suspected to originate from topological bands. Since
in magnetic materials the electronic topology may couple to
the magnetic order, it is also a suitable tool to monitor the
effects of, e.g., external fields for manipulating topological

properties, which is hardly accessible for other spectroscopy
techniques including ARPES.
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