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Unlike in traditional Genetic Programming, Cartesian Genetic Programming (CGP) does not commonly fea-
ture a recombination/crossover operator, although recombination plays an important role in other evolutionary
techniques, including Genetic Programming from which CGP originates. Instead, CGP mainly depends on
mutation and selection operators in their evolutionary search. To this day, it is still unclear as to why CGP’s
performance does not generally improve with the addition of crossover. In this work, we argue that CGP’s
positional bias might be a reason for this phenomenon. This bias describes a skewed distribution of active and
inactive nodes, which might lead to destructive behaviour of standard recombination operators. We provide
a first assessment with preliminary results. No final conclusion to this hypothesis can be drawn yet, as more
thorough evaluations must be done first. However, our first results show promising trends and may lay the

foundationf or future work.

1 INTRODUCTION

Cartesian Genetic Programming (CGP) is a form
of Genetic Programming (GP), based on directed
acyclic graphs whose nodes are arranged in a two-
dimensional grid (cf. Section 2 for a detailed descrip-
tion).

Since its inception in 1999 by Miller (Miller,
1999), the crossover operator is an active research
topic, as no universal recombination operator has
been found yet—as contrasted with GP, for which
numerous different crossover algorithms exist (Lang-
don et al., 2008). As for CGP, an effective crossover
operator relies on extensions to the CGP formula
and highly depends on the specific use case (Husa
and Kalkreuth, 2018). Moreover, it is still unclear
as to why crossover raises issues in the context of
CGP (Miller, 1999; Clegg et al., 2007; Miller, 2020;
Kalkreuth, 2020).

Regarding possible explanations for CGP’s issues
with crossover, we hypothesize that the positional
bias might be influential. In CGP, the positional bias
is an effect which potentially limits CGP to fully ex-
plore its search space (Goldman and Punch, 2013a).
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The basic problem is a non-uniform distribution of
nodes contributing to an output. This, in turn, might
lead to problems for standard recombination opera-
tors like the point-, multi-n-, or uniform-crossover. To
counteract positional bias, Goldman and Punch intro-
duced Reorder, an operator to shuffle CGPs genome
ordering without changing its phenotype (Goldman
and Punch, 2013a). Thereby, the effect of the posi-
tional bias is supposedly lessened. To test our hypoth-
esis, we take advantage of Reorder. If the positional
bias plays a role in CGP’s issues with crossover, this
extensions might benefit from the usage of crossover
and provide a better understanding of this issue.

We provide a quick overview of the core princi-
ples of CGP and reintroduce the Reorder operator,
as well as the positional bias in the following Sec-
tion 2. Afterwards, Section 3 gives an overview of
related work. In Section 4, we discuss our hypothesis
in-depth and discuss preliminary results in Section 5.
At last, Section 6 summarizes our findings and dis-
cusses future research directions.

2 CARTESIAN GENETIC
PROGRAMMING

The core principles of the supervised learning algo-
rithm called Cartesian Genetic Programming (CGP)
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are reintroduced in the following section—with the
first description given by Miller (Miller, 1999). In ad-
dition, we present Reorder, which is introduced by
Goldman and Punch (Goldman and Punch, 2013a)
and extends the classic CGP formula.

2.1 Representation

Originally, CGP is represented as a directed, acyclic
and feed-forward graph. The graph contains nodes ar-
ranged in a ¢ X r grid, with ¢ € Ny and r € N defin-
ing the number of columns and rows in the grid re-
spectively'.

The set of nodes can be divided into three groups:
input-, computational- and output-nodes. Input nodes
directly receive a program’s inputs. Computational
nodes are represented by a function gene and a con-
nection genes, with a € N being the maximum ar-
ity of all functions in the predefined function set. At
last, output nodes redirect the calculated output of a
previous input- or computational node and define the
models output. They are represented by a single con-
nection gene.

Additionally, computational nodes can be clas-
sified into active and inactive nodes. The former
nodes are part of a path to an output node and—as
a consequence—contribute to a program output. On
the contrary, inactive nodes do not contain a path to
an output node and, thereby, do not contribute to the
models output. This is also why their operations are
not computed for the evaluation of a fitness value and
during inference time. However, inactive nodes are
essential to CGP as they probably aid the evolution-
ary process through genetic drift (Turner and Miller,
2015).

As is standard in most CGP variants, an elitist
(u+ A)—evolution strategy with u =1 and A =4 is
used to select the best graph. This is combined with
neutral search to improve performance and conver-
gence time (Turner and Miller, 2015; Yu and Miller,
2001; Vassilev and Miller, 2000).

Regarding its mutation operator, a point mutation
is oftentimes found in literature (Miller, 2011; Miller,
2020). The caveat of the point mutation, however,
is its possibility that that only inactive genes are mu-
tated. Hence, it is not possible to evaluate the quality
of the mutation, as the phenotype did not change. This
could potentially lead to fitness plateaus and longer
training times. In order to prevent such plateaus,
Goldman and Punch propose an alternative mutation
operator called Single (Goldman and Punch, 2013b).

IPlease note that, with today’s standards, a CGP model
typically consists of only one row (Miller, 2011). That
means, r = 1.
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Figure 1: Example graph defined by a CGP genotype. The
dashed node and connections are inactive due to not con-
tributing to the output.

With Single, the point mutation is applied to randomly
selected genes until a gene corresponding to an active
node is mutated. This forces changes in the phenotype
with no wasted evaluations being performed. Thus,
when the optimal mutation rate is not known, the au-
thors Goldman and Punch claim that Single should be
preferred (Goldman and Punch, 2013b).

An illustrative example of a graph defined by a
CGP genotype can be seen in Figure 1. It shows a
graph with ¢ =6 and r = 1, which is supposed to solve
a task consisting of two inputs and one output. Here,
the first two nodes (n9 and n;) are input nodes and
provide two different program inputs. The follow-
ing nodes (ny—n4) are computational nodes. At last,
the output is provided by one output node ns. In this
example, both inputs are subtracted, with this inter-
mediate result being added to itself and taken as the
program output. Thus, every node drawn with a solid
line is an active node. The node 7 is an inactive node
(marked by dashed lines) since it does not contribute
to the program output nor contains a path to an output
node.

2.2 Positional Bias and Reorder

CGP has many advantages, such as the absence of
bloat (Miller, 1999) and its small solutions (Miller,
2011). Nonetheless, it is far from perfect, with one of
its shortcomings being the positional bias.

2.2.1 Positional Bias

Goldman and Punch found a negative impact in
CGP’s search space by enforcing a feed forward
grid (Goldman and Punch, 2013a). Namely, a posi-
tional bias: A non-uniformity of the probability that
anode is active. Computation nodes near input nodes
have a higher probability of becoming active, while
nodes closer to the output nodes have the lowest prob-
ability of becoming active. In turn, the nodes near the
output nodes have a higher probability of becoming
inactive.

During the mutation of a connection gene, each
previous node has the same probability of being cho-
sen as the new starting node for the connection. How-
ever, nodes near input nodes have more options for
successor nodes, as directed edges are only allowed
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Figure 2: Example distribution of active nodes in CGP
graph solutions. The x-axis represents a node’s position in
the graph, the y-axis its percentage of being active, gener-
ated from 50 independent runs on the same dataset.

from left to right. This is why they have a higher
chance of becoming active, as a node is only active
when it is part of a path to an output node. Nodes
closer to output nodes have less options of being cho-
sen by other nodes, as they have less nodes in front.

With the help of Figure 1, the positional bias can
be exemplified. In this example, n;’s possible suc-
cessors are np—ns whereas ny4’s possible successor is
just ns. Hence, four nodes can potentially mutate their
connection to n; and if one of those nodes is active, nj
becomes active, too. Contrary, ns has only one node
in front: ns. This is also the only node which could
mutate its connection to n4.

An illustrative example of the active node distribu-
tion can be seen in Figure 2. We show the distribution
of active nodes, obtained from 50 independent runs
on the same dataset. Additionally, by modeling the
distribution of active nodes, the positional bias could
be quantitatively measured and described.

2.2.2 Reorder

The positional bias makes it difficult or impossible to
solve certain problems (Goldman and Punch, 2013a;
Payne and Stepney, 2009). To weaken the effects of
this bias, Goldman and Punch proposed two new op-
erators which are executed before mutation: DAG and
Reorder (Goldman and Punch, 2013a).

The first extension, DAG, allows each node to mu-
tate connections to every other node in the genome as
long as the new connection does not create a cycle.
However, as we do not build upon it, we will not dis-
cuss DAG in further detail.

Reorder shuffles the ordering of the genotype but
respects the sequence of operation of active nodes.
Hence, the phenotype does not change but, as a re-
sult, active nodes are dispersed through the grid.

This Reorder operator begins by creating a de-
pendency set D. It contains each computational node
and its information from which node it gets its input
from. Additionally, a new genome is initialized con-
taining all input and output nodes from the original
genome, as they do not get assigned a new position.
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Afterwards, the set of addable nodes Q is created.
Initially, this set contains only computational nodes
whose dependencies are satisfied. In this context, sat-
isfied means the following: Let b be a computational
node, and a be a computational or input node from
which b gets one of its input from, with (b,a) € D.
This means, there is a directed edge connecting a to
b via b’s connection gene. Then, b is satisfied when
all nodes from which b gets its input from are mapped
into the new genome.

With both sets initialized, the shuffling of the
genome is done by repeating the following steps:

1. Select and remove a random node a € Q.

2. Map a sequentially to the next, free location in the
new genome.

3. For each node pair (b,a) € D with b depending on
a, do:

If all dependencies of b are satisfied, add b to
0.
This operator ends when all computational nodes
have been assigned a new location in the genotype.
For better readability, we will refer to a CGP vari-
ant with the Reorder-extension as REORDER.

3 RELATED WORK

Various previous works investigated different
crossover operators for CGP and their workings.
However, to the best of our knowledge, we are the
first to investigate the influence of the positional bias
on CGP’s crossover operator.

Cai et al. argued that CGP is not positional in-
dependent (Cai et al., 2006). This means, CGP’s
components and their workings depend on their po-
sition in the graph. As crossover does not consider
these dependencies, useful structures are destroyed.
Hence, the authors introduced a new crossover oper-
ator, which considers such dependencies. While sim-
ilar notions are made for this article, their argument
differs as they did not regard the distribution of active
nodes.

Other similar arguments to this works’ were pre-
sented by Kalkreuth et al. (Kalkreuth et al., 2017).
They argued that swapping arbitrary genes is not
preferable and introduced a subgraph-crossover oper-
ator which only recombines active nodes. However,
contrary to this work, they also did not consider the
positional bias.

Based on the just described work of Kalkreuth et
al. (Kalkreuth et al., 2017) and embedded CGP (Kauf-
mann and Platzner, 2008), Husa and Kalkreuth in-
troduced the block-crossover, which swap blocks of



consecutive active nodes (Husa and Kalkreuth, 2018;
Kalkreuth, 2020).

It is also possible to use a floating-point represen-
tation for CGP, as was done by Clegg et al. (Clegg
et al., 2007) and Wilson et al. (Wilson et al., 2018).
They tested different crossover operators and found
that their method benefits from it.

In the context of image processing, Karel et al.
used the original grid-structure of CGP to evolve im-
age filters (Slany and Sekanina, 2007). They also
included the single-point and multi-point crossover
without modifications to CGP in their studies. By
observing the fitness landscape of their solutions, the
authors concluded that the single-point crossover im-
proved the evolutionary search.

Another domain specific approach was done by
Torabi et al.. They used CGP in the context of
neural architecture search and adapted a specialized
crossover mechanism to design convolutional neural
networks (Torabi et al., ).

Some other more recent methods, such as from
Kalkreuth, developed an operator which recombines
only active nodes (Kalkreuth, 2022).

4 POSITIONAL BIAS AND
CROSSOVER

We hypothesize that the positional bias might play
a role in CGP’s issue with recombination opera-
tors. Active nodes accumulate near input nodes,
while inactive nodes concentrate near output nodes.
This means, important nodes—which generate the
output—are clustered together. However, traditional
crossover operators like the n—point or uniform
crossover do not consider such clusters. It is possible
that, by applying crossover, important semantic struc-
tures get destroyed. Other methods from Husa and
Kalkreuth (Husa and Kalkreuth, 2018), Cai et al. (Cai
etal., 2006) or Kalkreuth et al. (Kalkreuth et al., 2017)
do however consider such structures, which may be
one explanation of their performance gain.

In addition, nodes near the output nodes may also
lead to problems. They are mostly inactive, and re-
combining them should not harm the performance.
On the contrary, it should diversify the genome and
lead to more neutral genetic drift, which is a needed
trait in CGP (Turner and Miller, 2015; Yu and Miller,
2001). However, a problem might occur when active
nodes are recombined. This could completely change
the recombined phenotype, as these nodes might con-
nect to inactive nodes. These inactive nodes become
active, and connections to various other nodes might
be established. New nodes become active or inactive,
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which can drastically change the phenotype.

Hence, traditional recombination operators may
lead to too much destructive behaviour for CGP. Im-
portant structures of active nodes near the input nodes
might get destroyed, while stray active nodes near the
output nodes might drastically change the phenotype.

With REORDER, the positional bias can be par-
tially circumvented. Hence, the problems stated
above could be dampened, too. As a result, REORDER
should improve with an additional crossover operator.

S PRELIMINARY RESULTS AND
DISCUSSION

In order to get a first grasp of REORDER’s influence
on popular, elemental crossover operators, we con-
ducted an empirical study on Boolean benchmarks. In
the following sections, we describe our experimental
design and preliminary results.

5.1 Experimental Design

We present first results in Table 1, in which we report
three different values for each CGP variant: Its mean
number of iterations until a solution is found (12S), its
respective standard deviation and the favourable num-
ber of computational nodes.

For our results, we tested six different CGP vari-
ants. The standard implementation described in Sec-
tion 2.1 serves as a baseline, as it is the most com-
monly found CGP implementation. In addition, a
pure REORDER variant is included as another base-
line, as four crossover operators are used with RE-
ORDER: Single-, two-, three-point- as well as a uni-
form crossover.

Each variant was trained with the Single muta-
tion. This avoids the need to optimize a mutation
rate and each variant can be compared fairer. All
variants using the crossover operator where trained
with an elitist (4 4+ 10)-ES, as prior work showed
that smaller population sizes are favoured (Husa and
Kalkreuth, 2018). Nonetheless, we did a hyperparam-
eter search for a good number of nodes n and tested
n € {50,100,150,---,2000}. Each configuration
was tested for 50 times with independent repetitions
and random seeds.

For a first grasp, four Boolean benchmark datasets
were used: 3-bit Parity (Wegener, 2005), 16-4-bit
Encode, 4-16-bit Decode (Kaufmann and Kalkreuth,
2020) and 3-bit Multiply (White et al., 2013). For the
remainder of this work, we will refer to them as Par-
ity, Encode, Decode and Multiply respectively.

311



ECTA 2023 - 15th International Conference on Evolutionary Computation Theory and Applications

Table 1: Preliminary results, showing the mean number of iterations until a solution is found (12S) and its standard deviation,
as well as the best number of nodes found. Results for each Dataset are ordered according to their mean value.

Variant Mean(I2S) Std(I2S) # Computational Nodes
Parity
Standard (1+4) 342 330 600
Uniform + REORDER 437 430 50
Three-point + REORDER 678 833 50
REORDER 739 702 200
Two-point + REORDER 800 1,349 100
Single-point + REORDER 1,096 1,702 50
Encode
Three-point + REORDER 3,629 661 550
Two-point + REORDER 4,568 687 550
Uniform + REORDER 4,905 2,884 300
Standard (1+4) 6,213 3,368 200
Single-point + REORDER 11,927 10,500 200
REORDER 14,733 9,974 600
Decode
Uniform + REORDER 9,812 4,477 400
REORDER 15,017 10,397 700
Standard (1 +4) 23,132 5,539 400
Two-point + REORDER 25,294 11,509 200
Three-point + REORDER 25,520 12,196 300
Single-point + REORDER 26,255 11,684 250
Multiply
Uniform + REORDER 76,117 65,594 350
REORDER 90,370 131,042 750
Standard (1+4) 129,739 59,127 700
Three-point + REORDER 133,506 109,385 300
Two-point + REORDER 140,705 73,147 450
Single-point + REORDER 148,384 97,937 350

All benchmarks used the same, standard fitness
function for Boolean benchmarks: The ratio of cor-
rectly mapped inputs. Furthermore, we used the stan-
dard Boolean function set, containing the Boolean op-
erators AND, OR, NAND and NOR.

5.2 Discussion

As for the results shown in Table 1, some trends can
be seen.

For Parity, a standard elitist (1 + 4)-evolution
strategy performs best. However, as is argued by
White et al. (White et al., 2013), Parity is deemed
as too easy by the evolutionary algorithm community.
Hence, results from this dataset should be taken with
reservation.

As for the other three benchmarks, REORDER
with a crossover variation performs best according
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to the mean 12S. Both Decode and Multiply favour
the uniform recombination, which leads to better re-
sults than both baselines. Interestingly, for these two
benchmarks, the n—point crossover performs worst.
Furthermore, single-point crossover almost always
leads to the worst results across all benchmarks. Con-
sidering the two- and three-point crossover, Encode is
the only benchmark benefiting from them.

We also report the best number of computational
nodes found by our hyperparameter search. However,
there is only one trend which can be read from Ta-
ble 1. REORDER in combination with a crossover op-
erator generally needs less computational nodes than
a pure REORDER variant. Considering Multiply, the
number of nodes needed is more than halved when
uniform crossover + REORDER variant is compared
to its baseline—while its mean 128 is also reduced by
about 14,000 iterations.



However, it is still unclear why the uniform
crossover is preferable for Decode and Multiply,
while Encode shows different trends. Both former
benchmarks are harder benchmarks compared to En-
code and Parity, though. It is possible that the
n—point crossovers are too destructive for harder
problems, as too many useful structures are dissi-
pated. This may indicate that the positional bias
plays only a minor role in CGP’s performance with
its crossover operators. Nevertheless, we can val-
idate the results of Husa and Kalkreuth (Husa and
Kalkreuth, 2018), that different recombination oper-
ators are needed for different settings.

6 CONCLUSION

The crossover operator has been an active research
topic for Cartesian Genetic Programming (CGP)
since its introduction. To this day, it is unclear why
CGP does not generally benefit from a recombination
algorithm and finding universally well-performing
operators might improve CGP’s performance greatly.

In the process to find answers to this question,
we argued that the influence of CGP’s positional bias
might be a possible issue. The uneven distribution of
active and inactive nodes might lead to problems for
untailored crossover operators, as simply swapping
genes might destroy useful structures. To mitigate the
effects of the positional bias, the reorder extension to
CGP was reintroduced.

Our hypothesis was tested empirically and prelim-
inary results were presented. By comparing differ-
ent CGP variants with different crossover operators, a
first conclusions can be given: The uniform crossover
generally benefits CGP with reorder.

However, no clear conclusion to our hypothesis
can be drawn yet. Further evaluations and configura-
tions must be tested before the influence of the posi-
tional bias can be truly assessed. For future work, a
more diverse set of benchmarks must be tested. Test-
ing only Boolean benchmarks are not sufficient and
evaluations must be extended to regression and real-
world benchmarks. Furthermore, we did not com-
pare our results to the standard CGP formula with
crossover operators, which is an important step to
assess REORDERs influence on the crossover opera-
tors. In addition, statistical analysis methods should
be added to the evaluations as well. By only compar-
ing mean values and their standard deviations, a first
assessment can be made. However, without proper
statistical analysis, it is not possible to truly judge the
results.

Along with these evaluations mentioned, the ideas
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of Kalkreuth et al. should be included (Kalkreuth
et al., 2017). By only recombining active nodes in
CGP with reorder, some effects might be observed
which could help to accept or reject our hypothesis.

Additionally, new crossover operators should be
tested to evaluate our hypothesis. New algorithms
similar to those introduced by Cai et al. could recom-
bine genes differently or with different probabilities,
based on the genes location in the graph (Cai et al.,
2006). Other operators could be influenced by exist-
ing works and be based on the density of active nodes.

Furthermore, the counts of successful crossovers,
the fitness changes per crossover, distributions of ac-
tive and inactive nodes, etc. should be also accounted
for.
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