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The first line of Eq. (51) contains some typos: it correctly reads

G½u;�� ¼ TrT eiu½HH
� ð��Þ�H ð�0Þ�e��H ð�0Þ=Zð�0Þ: (51)

This compares with its classical analog, i.e., the second line of Eq. (27).
Quite surprisingly, notwithstanding the identity
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one finds that generally
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As a consequence, it is not allowed to replace H H
� ð��Þ �H ð�0Þ, with

R
�
0 dt

_�t@H H
t ð�tÞ=@�t in Eq. (51). Thus, there is no

quantum analog of the classical expression in the third line of Eq. (27). This is yet another indication that ‘‘work is not an
observable’’ (Talkner, Lutz, and Hänggi, 2007)). This observation also corrects the second line of Eq. (4) of the original
reference (Talkner, Lutz, and Hänggi, 2007).

The correct expression is obtained from the general formula

T exp½Að�Þ � Að0Þ� ¼ T exp
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0
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�
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�
; (3)

where AðtÞ is any time dependent operator [in our case AðtÞ ¼ iuH H
t ð�tÞ]. Equation (3) can be proved by demonstrating that the

operator expressions on either side of Eq. (3) obey the same differential equation with the identity operator as the initial
condition. This can be accomplished by using the operator identity deAðtÞ=dt ¼ R

1
0 dse

sAðtÞ _AðtÞeð1�sÞAðtÞ.
There are also a few minor misprints: (i) The symbol ds in the integral appearing in the first line of Eq. (55) should read dt.

(ii) The correct year of the reference (Morikuni and Tasaki, 2010) is 2011 (not 2010).
The authors are grateful to Professor Yu. E. Kuzovlev for providing them with this insight, and for pointing out the error in the

second line of Eq. (51).
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