®
OPEN a ACCESS Universitit Augsburg
OPUS AUGSBURG w k Universititsbibliothek

Empirical analysis of the trade-offs among risk, return,
and climate risk in multi-criteria portfolio optimization

Sebastian Utz, Ralph E. Steuer

Angaben zur Veroéffentlichung / Publication details:

Utz, Sebastian, and Ralph E. Steuer. 2025. “Empirical analysis of the trade-offs among risk,
return, and climate risk in multi-criteria portfolio optimization.” Annals of Operations
Research 353: 53-76. https://doi.org/10.1007/s10479-024-06047-9.

Nutzungsbedingungen / Terms of use: licgercopyright
P -'_-T.\",rl-;!_
Dieses Dokument wird unter folgenden Bedingungen zur Verfiigung gestellt: / This document is made available under these conditions: a5\ >ﬁ
Deutsches Urheberrecht I %.‘ | =
Weitere Informationen finden Sie unter: / For more information see: ) &
¥V

https://www.uni-augsburg.de/de/organisation/bibliothek/publizieren-zitieren-archivieren/publiz/


https://doi.org/10.1007/s10479-024-06047-9
https://www.uni-augsburg.de/de/organisation/bibliothek/publizieren-zitieren-archivieren/publiz/

Empirical analysis of the trade-offs among risk, return, and
climate risk in multi-criteria portfolio optimization

Sebastian Utz'>3(@® - Ralph E. Steuer*

Abstract

This paper contains an empirical analysis that studies trade-offs among risk, return, and
climate risk in asset management. Using a multi-criteria optimization approach to gener-
ate nondominated portfolios in a tri-criterion context, we document how it is possible in a
portfolio to reduce climate risk substantially by allowing expected return to be reduced only
slightly. The empirical tests conducted use the sample of stocks that were in the S&P 500
over the period 2001-2020. In demonstrating the versatility of our approach, six different
linear measures of climate risk are employed.

Keywords Climate risk - Portfolio selection - Nondominated surface - Trade-offs

1 Introduction

Multi-criteria decision-making (MCDM) and its application to finance is a widely studied
area of operations research (Steuer, 1986; Steuer & Na, 2003; Zopounidis & Doumpos,
2002). The famous problem in this area is the problem of portfolio selection as developed
by Markowitz (1952, 1956, 1959). As formulated by Markowitz, portfolio selection is a
bi-criterion problem with one objective being quadratic, to minimize risk, and the other
being linear, to maximize return (i.e., expected return). The purpose of the formulation is
to compute the set of all nondominated criterion vectors, which when graphed takes on the
shape of a frontier which, in deference to finance, will be called the efficient frontier. Since
an efficient frontier shows, and only shows, all criterion vector candidates for optimality,
a decision maker finds his or her optimal portfolio by selecting his or her most preferred
point on the efficient frontier. This is the well-studied case for bi-criterion risk—return, or
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mean—variance (M—V), portfolio selection. However, a recent challenge is how to include a
third criterion (i.e., an additional objective) thus causing the problem of portfolio selection
to become a tri-criterion one. The additional objectives most often mentioned in this regard
relate to sustainability as in the case in this paper with our concerns being about climate
risk. Thus, with climate risk, our interest in portfolio selection is not just to minimize risk
and to maximize return but to also minimize climate risk for which we use in our testing six
different linear measures.

Hirschberger et al. (2013) present an MCDM algorithm that is able to compute the set
of all nondominated criterion vectors of a tri-criterion portfolio selection problem with one
quadratic and two linear criteria, which is what is needed in this paper. In this case, when
graphed, the set of all nondominated criterion vectors forms what would be called in finance,
and what we call in this paper, an efficient surface. Again, one’s optimal portfolio is one’s most
preferred of the nondominated criterion vectors generated. But here, it is on the problem’s
efficient surface as opposed to being on an efficient frontier as it is in a bi-criterion case.
While it is harder to compute an efficient surface than an efficient frontier, the big difference
between tri-criterion and bi-criterion portfolio selection is that it is far more difficult without
cognitive assistance to identify one’s most preferred point on an efficient surface. A recent
contribution that provides cognitive assistance that benefits the results of this paper is the
non-contour (NC)-efficient fronts method described in Steuer and Utz (2023).

The importance in studying climate risk as a third objective in portfolio selection derives
from at least four sources:

(1) The topic is important for a large proportion of investors since the sustainable investment
market has grown rapidly over the last decade.'

(2) There continue to be differences of opinion in academia about the relationships between
the financial and third criterion portfolio outcomes in the sustainable investment industry
(Cornell, 2021; Lépez Prol & Kim, 2022).

(3) Sustainable investing is considered as a tool for curbing negative externalities (Hong et
al., 2023; Pastor et al., 2021; Riedl & Smeets, 2017).

(4) Climate change, with extreme weather events and average temperature increases, iS now
an important business and international agenda item.

From a theoretical point of view, sustainable investing contrasts with traditional investing
in which investors care about only two characteristics (risk and return) as they make their
investment decisions. Sustainable investors, while not ignoring risk and return, strive to put
their money to work in ways that are consistent with their values if at all possible. Moreover,
sustainable investors tend to remain committed to their sustainable holdings even when they
perform poorly (Webley et al., 2001) indicating that they are willing to sacrifice proportions
of their financial returns in order to support sustainability efforts (Hofmann et al., 2008;
Dorfleitner & Utz, 2014; Mackenzie & Lewis, 1999; Pasewark & Riley, 2010). This is in
accordance with the viewpoint that over and above the utility earned by the risk-return
performance of a portfolio, sustainable investors gain further utility from the sustainability
properties of a portfolio. In this way, as found by Levitt and List (2007), sustainable investors
are usually willing to engage in trades between the utilities of wealth and morality.

In this paper, we conduct an empirical study that shows the trade-offs among risk, return,
and climate risk for a real-world data set consisting of stocks that were in the S&P 500 over

1 According to the Global Sustainable Investment Review 2022 technical report (wWww.gsi-
alliance.org/members-resources/gsir2022), over $30 trillion out of the $115 trillion in global assets under
management are presently overseen in a sustainable fashion.



the period 2001 to 2020. Our main strategy is to generate the efficient surfaces of different
portfolio selection problems for the six different linear measures of climate risk employed.

On each efficient surface, we apply the NC-efficient fronts method of Steuer and Utz
(2023) to study the trade-offs among the investment objectives of risk, return, and climate
risk. The main idea of the approach is to determine by how much the climate risk of a
portfolio can be reduced ceteris paribus if an investor relaxes portfolio expected return by a
small amount, i.e., by a few basis points. We find, for instance, that a reduction in portfolio
expected return of 5 basis points/month reduces climate risk by at least 17.8%. However, the
rate of substitution between climate risk and expected return is not linear but decreases as
reductions in expected return become larger. Thus, the first few basis points can be swapped
for a comparably large reduction of climate risk. Therefore, our analysis on the climate risk
dimension of portfolios shows that untapped room for improvement regarding the level of
climate risk of portfolios in final investment decisions exists. In summary, the approach of
this paper enables us to substantially reduce climate risk in portfolios while insufficiencies
in financial performance can generally be avoided.

Because all speciality funds, Paris-aligned benchmark portfolios” included, rely on screens
excluding certain investments, theory tells us that such funds cannot be expected to beat the
market over the long haul as they are less diversified (Adler & Kritzman, 2008). Therefore, it
is assumed that the exposure to risk for sustainable investment is higher than for unsustainable
or traditional investment (Carswell, 2002). But is this true? While numerous studies have been
conducted to test this supposition, the literature has been unable to reach a conclusion about
the issue because of the diversity of results obtained from different studies. Several empirical
studies (Humphrey & Tan, 2014; Kempf & Osthoff, 2007; Pizzutilo, 2017) document that
additional sustainable screenings have no general negative effect on financial performance
and risk. These studies consider investments in firms which to a certain extent are sustainable
(e.g., they have high ESG ratings). ESG (environmental, social, and governance) investments
only exclude the sustainably worst firms from a portfolio, and thus reduce the likelihood of
being involved in an ethical or ecological scandal, and as shown in our tests, do not necessarily
lead to lower financial returns.

2 Methodology and data

The empirical study of this paper shows the trade-offs that exist between the financial and
non-financial sides of a tri-criterion portfolio selection problem when using six different
climate risk measures from three data providers. In the following, we provide details about
the methodological framework, the sample, and the dataset.

2.1 NC-efficient fronts approach

We study trade-offs in sustainable portfolio selection based upon the NC-efficient fronts
approach of Steuer and Utz (2023). The idea of the approach is to make it easier to deal
with the complexity of the three-dimensional trade-offs present in a climate risk problem by
focusing on, after screening, risk vs. return first so as to obtain an M-V efficient frontier,
and then after extracting the risk from the most preferred point on the M-V efficient frontier,
looks at trade-offs between return and climate risk holding risk constant at the extracted level

2 As described in “Understanding Paris-aligned indexes” published by State Street Global Advisors (https://
www.ssga.con/library-content/pdfs/understanding- paris-aligned-indexes.pdf).
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of risk. At the center of the approach are NC-efficient fronts. “NC-efficient” is in the name to
avoid confusion with iso-quants or contours as NC-efficient fronts are lines like none other of
which we are aware of in the literature. An NC-efficient front is a line on the efficient surface
on which all portfolios have an expected return reduced by some fixed amount compared to
portfolios on the M-V efficient frontier with the same variance.

Consider Fig. 1. The gray area is the projection of an efficient surface onto the M—V plane.
The “northwest boundary” of the projection is the M-V efficient frontier of the problem, and
the dashed line is a projection of an NC-efficient front onto the M-V plane. Since we measure
the reduction in expected return in basis points (bp), we refer to an NC-efficient front, whose
reduction in expected return is bp, as a bp NC-efficient front. As for the bp NC-efficient
front of the dashed line, its bp = u P wp, as indicated on the graph, where P; is a

portfolio on the bp NC-efficient front and Pf Fisits corresponding portfolio (i.e., portfolio of
identical variance) on the M-V efficient frontier. To be noted is that the M-V efficient frontier
constitutes the far periphery of the efficient surface from the point of minimum climate risk
minCR. Following from this, the point of minCR is the closest to us of all points on the
efficient surface. In this way, the bp NC-efficient front of the dashed line bulges toward us
and is closer to the viewer than the M-V efficient frontier.

In connection with notation to be used shortly, for P! a criterion vector on the efficient
surface that is on the bp NC-efficient front, let its inverse image in x-space be designated
xbP-1 and for the corresponding point of P’ on the M=V efficient frontier with the same
variance Pl.ef , let its inverse image be designated x'.

For portfolios whose criterion vectors are on an NC-efficient front, let us now calculate a
sensitivity measure Av € [0, 100]. Av is designed to capture the percentage by which the
climate risk gap, that is, the difference between the climate risk of the minimum climate risk
portfolio and the climate risk of portfolios on the M-V efficient frontier, can be closed by a
reduction of bp in expected return as a function of variance. For giving up bp of expected
return of a portfolio x' on the M-V efficient frontier, the sensitivity measure is defined as

vIxi — pTxbpi
Av = ————(100) (1)
vIx — vin
where v is the objective function coefficient vector of the climate risk measure in question
and v, 18 the climate risk measure’s minimum value. .

In (1), the numerator is the difference in climate risk between portfolios Ple 7/ and P both

of which have the same variance in Fig. 1, and the denominator is the difference of the climate

risks between the portfolios of minimum climate risk minCR and Pf’ ! The difference between

the climate risks of the portfolios Pf 7 and P represents the improvement in the climate risk

objective if the investor is willing to give up pef — Py in expected return keeping variance
fixed. Since this absolute number might be influenced by the units of different climate risk
measures, we relate this difference to the maximal possible improvement in climate risk
starting from portfolio Pf f ,’ i.e., to the difference in the climate risks between the portfolios
P]e /" and minCR. The quotient Av tells the investor the proportion of the climate risk gap

between the M-V efficient portfolio Pf 7 and the minimum climate risk portfolio minCR that
can be closed by a choosing portfolio P;.

Additionally, one can combine several lines of the measure Av in one figure to show
the relative improvements in climate risk possible by varying variance for different levels
of bp reductions in expected return (see Figure 3 in Steuer and Utz (2023)). Thus, such a
graph illustrates the three-dimensional trade-offs in two dimensions with the horizontal axis



f

Fig. 1 In gray is the projection of an efficient surface onto the M-V plane. Pf and Pj are two portfolios on
the efficient surface that have the same variance but differ in expected return by It pef = 1Py as indicated.
1

With bp = K pef = KPys the dashed line is the bp NC-efficient front. At the vertices of the projection are the
1

minimum variance, maximum return, and minimum climate risk points of the efficient surface. Also shown is
the maximum Sharpe ratio point with the white line being the line of maximum Sharpe ratio points over the
efficient surface

varying variance, the vertical axis showing Av, and the different lines representing different
levels of bp reductions in expected return.

The empirical analysis in this paper is based on the calculation of a set of NC-efficient
fronts. On each NC-efficient front, we consider different specific places called portfolio
points at which the portfolios generated in this study are compared, where a portfolio point is a
particular location on the efficient surface, or a portfolio possessing a particular composition.>

For the maxSHA and maxRet points on the M-V efficient frontier, they come from the
following formulations

{ L (w”x)
max { ———— max {§” x
VxI'Y x

s.t. xe S st. xe S

where x € R" is the vector of portfolio weights on the securities, g € R" is the vector
of expected returns, and ¥ € R"*" is the covariance matrix. The portfolios maxSHAO
and maxRet0O as such lie on the portion of the periphery of the efficient surface furthest
away from the minCR point. Concentrating on the maxSHAbp and maxRetbp points on the
bp =5, 10, 20 NC-efficient fronts, they come from the following formulations

3 Other than for the equally-weighted and value-weighted portfolios, portfolio points are not portfolios.
Portfolio points are just points on the efficient surface as it is their inverse images that are portfolios.



Table 1 This table provides a guide to the 19 portfolio points at which the problems of this paper are compared
along with their abbreviations

Item g-number Portfolio point description Abbreviation
1 1 Equally-weighted portfolio I/n

2 2 Value-weighted portfolio W

3 3 minCR point minCR

4 4,8,12, 16 minVar points on the four bp NC-efficient fronts minVarbp

5 5,9,13,17 maxSHA points on the four bp NC-efficient fronts maxSHAbp
6 6, 10, 14, 18 minCR points on the four bp NC-efficient fronts minCRbp

7 7,11, 15,19 maxRet points on the four bp NC-efficient fronts maxRetbp

Of the 19, 17 are on the efficient surface. On each of the bp = 0, 5, 10, 20 NC-efficient fronts (where the
0 NC-efficient front is the M-V efficient frontier), there are 4 (the minVarbp, maxSHAbp, minCRbp, and
maxRetbp) points. Of the 19 portfolio points, five are familiar with the other 14 new for addressing the tri-
criterion concerns of this paper. The entries in the g-number column are designations and come into play
starting at the end of this section

ke s
max § —— max {pu' x
x’'Y x

s.t. x e E(bp) s.t. x e &E(bp)

In these formulations, £(bp), not S, is the feasible region. Here £(bp) consists of only
those x € § that define the NC-efficient front for the bp-value in question, bp = 5, 10, 20.
For example, solving max{p”x/+/xT Xx} with £(bp = 10) generates the portfolio point
whose abbreviation is maxSHA10. As another example, solving max{ wTx} with £(bp = 20)
generates the portfolio point whose abbreviation is maxRet20.

The NC-efficient fronts of a problem are roughly parallel to the M-V efficient frontier in
a curved sense on the efficient surface. But of course they are not contours because the third
objective varies over them. The greater the bp-value, the further an NC-efficient front is from
the M-V efficient frontier and the closer it is to the minCR point. Now, for the minCRbp
points on the M-V efficient frontier and other NC-efficient fronts, the formulation is

min {vTx}
st. x€&bp) (@)

where v is the coefficient vector of the climate risk measure. This is not only for bp =
5, 10, 20, but for bp = 0 as well, because S does not work in this case. This is because if S
were used in place of £(bp), (2) would generate the minCR point.

For items 1 and 2 in the Table 1 we have the equally-weighted (1/n) and value-weighted
(vw) portfolios as portfolio points. The 1/n portfolio is included because of the strong showing
of that portfolio point in the study by DeMiguel et al. (2009b), as none of the other portfolios in
that paper were able to exhibit better out-of-sample risk-adjusted returns than the 1/n portfolio.
However, with both the 1/n and vw portfolios being inefficient, there is no meaningful way
to represent these portfolios on the display of Fig. 1 and hence dots for them are not shown.

Whereas the path of maxRetbp points as we cross the NC-efficient fronts is the portion
of the periphery of the efficient surface directly connecting the maxRet0O and minCR points,
a typical path of maxSHAbp portfolio points as we cross the NC-efficient fronts is the white



line in Fig. 1. It is not possible to indicate a typical path of minCRbp portfolio points as one
crosses the NC-efficient fronts even though the paths of maxSHAbp and minCRbp points
wind up at the same minCR point. The reason is this: While one knows about where the
maxSHAO point is on an M-V efficient frontier by just looking at it (tangency point on the
M-V efficient frontier), the location of the minCRO point on an M-V efficient frontier could
be anywhere. Thus, one would never know where the path of minCRbp points starts on the
M-V efficient frontier to be able to draw it to the minCR point. In each problem the path could
have a completely different originating point. This is why no attempt is made to indicate a
path of minCRbp portfolio points in Fig. 1.

2.2 Sample and dataset

We now discuss the sample and dataset used in our study. The main sample of our study
consists of all firms that have been included in the S&P500 for at least one month during
the period from 2001 and 2020. In total, these are 1,049 firms. We optimize portfolios on
a monthly basis using only firms that were S&P500 constituents in the respective months.
For each month and all sample firms, we estimate the expected returns and the covariance
matrices based on the previous 120 monthly returns which we derived from price data from
Bloomberg. Moreover, we also downloaded market capitalizations from Bloomberg. In addi-
tion to financial data, we use different measures for climate risk following the climate finance
literature (Bolton & Kacperczyk, 2021; Sautner et al., 2023; Gorgen et al., 2020).

In detail, we use the following six measures: From Trucost, we obtained (1) the total envi-
ronmental impact ratio (Total Impact Ratio) measured as the total direct and indirect external
environmental cost divided by revenue* and (2) total emission intensity (Total Intensity)
measured as the greenhouse gases emitted by the direct operations of and suppliers to a firm
divided by revenue. Both measures are to be minimized to reduce climate risk. From our sec-
ond data source, i.e., the measures described in Sautner et al. (2023), we use (3) the Climate
Change Exposure (CC Expo) measure, (4) the Climate Change Risk (CC Risk) measure, and
(5) the Climate Change Sentiment (CC Senti) measure. The first two of these measures are to
be minimized to reduce climate risk, the latter is to be maximized. Finally, we use (6) Carbon
B from Gorgen et al. (2020) that is to be minimized to reduce climate risk. The measures
of climate risk from Trucost are available from 2005 to the end of 2019, the climate change
measures of Sautner et al. (2023) are available from 2001 to the end of 2020, and Carbon S
of Gorgen et al. (2020) is available from the end of 2012 to the end of 2019.

Table 2 shows the distribution of the climate risk measures of the firm-level time-series
average quantities. The climate change measures of Sautner et al. (2023) show concentration
of the numbers close to zero. Moreover, the distributions of CC Expo and CC Risk are
skewed to the right which indicates a relatively high number of low values, and only a
few very high values. This observation also holds for the total impact ratio and the total
intensity measure. Carbon f ranges from — 3.035 to 4.964 with a mean of — 0.168 and is less
skewed and less leptokurtic than the other measures. We also provide the correlation matrix
of how the different climate risk measures relate to one another in Table 3. The correlation of

4 The Trucost definition of this variable reads as follows: “Direct external environmental impacts are those
impacts that a company has on the environment through its own activities; indirect environmental impacts
of a company result from the goods and services that they purchase. Trucost applies a monetary value to
environmental impact quantities, which represents the global average damage of each environmental impact.
All values employed are secondary - the synthesis of existing published and unpublished literature. The sum
of all the direct and indirect external environmental costs of the company is expressed as a percentage of
revenue."
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Table 3 This table shows the correlation matrix of the firm-level time-series average values of the six consid-
ered climate risk measures

Tot Imp Rat Tot Int CC Expo CC Risk CC Senti Carbon g
Tot Imp Rat 1.000 0.859 0.092 0.041 —0.112 —0.025
Tot Int 0.859 1.000 0.060 0.030 —0.113 —0.032
CC Expo 0.092 0.060 1.000 0.842 —0.235 0.034
CC Risk 0.041 0.030 0.842 1.000 —0.236 0.043
CC Senti —0.112 —0.113 —0.235 —0.236 1.000 0.044
Carbon 8 —0.025 —0.032 0.034 0.043 0.044 1.000

measures within provider are seen to deviate substantially from zero whereas the correlation
of measures between providers is seen to be close to zero. The Climate Change Sentiment
measure is negatively correlated with all measures except Carbon S. In general, the negative
correlation is reasonable since this number has to be maximized to reduce climate risk. Since
the correlations between the measures of different providers are rather low, it makes sense
to consider all of them in our test since they might consider different aspects of climate risk.
In using all of them, we are able to study the trade-offs of financial performance and climate
risk for different aspects of climate risk.

2.3 Empirical strategy

In the following, we describe the experiments that we have conducted to demonstrate the
thesis of this paper. In using a rolling-sample approach to carry out our experiments, we
consider subsamples using 121 consecutive monthly return observations. This enables L =
178 subsamples for the Total Intensity and Total Impact Ratio measures, L = 215 subsamples
for the CC Expo, CC Risk, and CC Senti measures, and L = 84 subsamples for Carbon S.

Since the subsamples are repetitive, we just focus on how one works on one of the datasets
to illustrate. Each subsample uses 121 consecutive monthly return observations with the last
at time 7. From the first 120 months we form expected return vector u, and covariance matrix
¥, from which we compute the M-V efficient frontier of the dataset at time (¢t — 1). After
this is done, next is needed v,, the climate risk vector at time (¢ — 1) for the stocks in the
dataset. The vector does not come from historical data. It comes from the latest available
numbers of the respective variable of climate risk.

Now, with i, X, v, and knowledge of all (ol.z, i) combinations along the M-V efficient
frontier, we solve the following optimization model

min{vzx}

S.t. XTE*X = Oiz

nix > pi—bp
xeS

where “min” is replaced by “max” in the case of the CC Senti climate risk measure, and all
securities have an upper bound of 5% in S, for enough (oiz, /i) combinations to construct the
bp =5, 10, 20 NC-efficient fronts, as the M-V efficient frontier (that is, the 0 NC-efficient
front) has already been computed. Then from the four frontiers, we obtain the portfolios that
are the inverse images of the 16 portfolio points on them. Combining them with the inverse



Fig. 2 For the L = 178 optimizations of Total Intensity, we have the above four plots for the four portfolio
points indicated. Using triangles, we have the Total Intensity, out-of-sample return combinations at the four
portfolio points along the M-V efficient frontier (i.e., along the 0 NC-efficient front). Using dots, we have
the Total Intensity, out-of-sample return combinations at the four portfolio points along the 10 NC-efficient
front. Note the amount by which the cloud of dots is below the cloud of triangles as a result of the 10bp/mth
reduction in expected return

image of the minCR point, the 1/n equally-weighted portfolio, and the vw value-weighted
portfolio, we have the x;_1 4 portfolios of the ¢ =1, ..., 19 portfolio points of the dataset.
With the subsample’s 121-st monthly return observation giving us the subsample’s out-of-
sample return vector R;, we are able to compute the subsample’s 19 out-of-sample realized
portfolio returns RtT X;—1,4 for the ¢-th time period. Furthermore, for ¢ = 1,..., 19, the
vl X;—1,4 give us the climate risks of these portfolios. Doing this for all subsamples and all
six datasets provides us with the inputs needed for the statistical tests that follow.

3 Results

In the following section, we show that the amounts of climate risk that M—V portfolio selection
is unable to bring to the attention of an investor, but can be identified by application of the
Hirschberger et al. (2013) and Steuer and Utz (2023) approaches. In particular, the results
show that the reduction of climate risk does not come with a substantial reduction in financial
out-of-sample performance. Figure 2 illustrates a summary of the empirical results for four
different portfolio points, i.e., the minimum variance portfolio, the maximum Sharpe ratio
portfolio, the maximum return portfolio, and the minimum climate risk portfolios on the
M-V efficient frontier and on the 10 NC-efficient front.

Figure 2 displays climate risk on the vertical axis (measured by Total Intensity from
Trucost) and the out-of-sample returns, i.e., the realized portfolio return in the month after
the portfolio construction, on the horizontal axis. The “triangles” represent the climate risk-
return combinations of the M-V efficient frontier portfolio points, while the “dots” represent
the ones of the 10 NC-efficient front portfolio points. It is easy to observe that the 10 NC-



efficient front portfolio points have substantially lower climate risk than the M-V efficient
frontier portfolios, since the cloud of dots is located lower than the one of the triangles. If the
financial performance of the 10 NC-efficient front portfolios would be substantially lower
than that of the M-V efficient frontier portfolios, we would expect to see a shift of the cloud
of the 10 NC-efficient front portfolios to the left. However, we do not observe such a shift.
Therefore, the figure provides anecdotal evidence that the 10 NC-efficient front portfolios
perform apparently better in terms of climate risk and not worse in the financial dimension.
In the following, we show further statistics that support the conclusion from the illustrating
example.

3.1 Climate risk performance and portfolio characteristics at the portfolio points

In this investigation, we provide a summary of portfolio characteristics {i.e., volatility, return,
climate risk, and the sensitivity measure Av defined in Eq. (1)} of the M-V efficient frontier
and the 5, 10, 20 NC-efficient front portfolios. Each front is characterized by up to 100
portfolios, and the basis of the reported statistics are all portfolios on all fronts. Table 4
shows the mean, minimum, and maximum values of these portfolios. Each panel in the table
displays the results for another measure of climate risk. The volatility of the portfolio return
(displayed in the first row of each panel) appears to increase on average from the M-V
efficient frontier to the NC-efficient fronts for all climate risk measures except of Panel 6
(Carbon B). The average expected returns of the portfolios appear rather constant across the
different fronts. However, the climate risk objective reduces clearly on the NC-efficient fronts
compared to the M-V efficient frontier. The reduction in climate risk is also documented by
increasing Av measures. Since Av specifies how much less climate risk can be attained by
heading into the efficient surface from a given point on the M-V efficient frontier for a given
relaxation in expected return, variance held constant, we observe that in Panel 1, the reduction
of the expected return by 10bp generates portfolios that on average have a Av = 48.85%.
This means, that the reduction of the expected return by 10bp helps to close the climate risk
gap from M-V efficient frontier portfolios to the climate risk of the minCR portfolio point
by almost 50%. While a 20bp reduction in expected returns yields a Av measure of about
60—68% for the Trucost climate risk measures and about 77-92% for the Sautner et al. (2023)
climate risk measures, the Av for the Carbon § in Panel 6 is on average 32%.

In Table 4 the second, third, and fourth sets of columns show the reduction of climate risk
that the procedure by Hirschberger et al. (2013) is able to identify as a function of different
levels of expected return relaxation. Going into the table in more detail, the 5 NC-efficient
fronts experience an average reduction in climate risk of about 37.8%, 47.3%, 53.5%, 89.7%,
53.5%, and 17.8%. In other words, the Sbp/mth relaxation enables us to eliminate on average
17.8-89.7% of the climate risk that would otherwise be included in the portfolios by not
using the tri-objective model to generate portfolios.

Continuing with the 10bp reduction, we observe the Av values to increase. However,
although these portfolios are twice the distance away from the M-V efficient frontier in
terms of expected return as the 5 NC-efficient front portfolios, the Av do not double. For
instance, an expected-return relaxation of 10bp/mth, or 1.2%/year, leads to a 1.624 reduction
in total impact ratio on average (4.952 — 3.328) over no relaxation and a Av of 48.85%.
While relaxations up to 1.2%/yr would probably be within the leeway given to fund managers
by investors caring for climate risk, relaxations beyond this might soon become too much.
However, for sake of discussion, should we double the relaxation to 20bp/mth, we would
only experience a further reduction of .66 in the Total Impact Ratio measure. This is less
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than that gained in the first basis point of relaxation. What we are witnessing is the trade-off
situation changing from a large amount of climate risk for a small amount of relaxation, to a
small amount of climate risk for a large amount of relaxation. The explanation is curvature
of the efficient surface. This suggests that a sweet spot might exist between a 5 and 10bp
relaxation.

3.2 Financial performance at the portfolio points

With the empirical force of the gains in climate risk of the previous subsection clear, investors
might ask how financial portfolio characteristics are affected. Therefore, we consider diver-
sification and risk-adjusted returns of NC-efficient front portfolios in the following.

First, our measure for diversification is the industry weight, i.e., the sum of all weights of
the stocks in the industry, in a portfolio on a particular NC-efficient front. For this exercise,
we follow the ICB industry classification with the 11 industries Basic Materials, Consumer
Discretion, Consumer Staples, Energy, Financials, Health Care, Industrials, Real Estate,
Technology, Telecommunications, and Utilities. Table 5 shows the average industry weights
for the M-V efficient frontier and the 5, 10, 20 NC-efficient fronts. The six panels show the
distribution of the average weights for the six measures of climate risk.

The table shows that the weights of the industries Energy and Utilities decreased with
a higher reduction of the expected return (and more focus on climate risk). However, with
the exception of the Energy industry in Panels 3, 4, and 5, even the portfolios that focus
more on a reduction of climate risk (i.e., the portfolios on the NC-efficient fronts) invest a
reasonable proportion of their wealth in each industry. The Health Care industry is the only
industry with increasing weights for all measures of climate risk. Besides, the weights of
the Financials industry also increase for the Trucost climate risk measures and Carbon S,
and remain almost unchanged for the experiments using the Sautner et al. (2023) measures.
Overall, the diversification of portfolios with respect to the industry distribution appears to
be not substantially affected by the application of the tri-criterion portfolio model introduced
by Hirschberger et al. (2013).

The next quantity we analyze is risk-adjusted portfolio return. We do this by employing
the five-factor model of Fama and French (2015) and noting the «’s generated and their
significance levels. The news from our tests is that the «’s generated show (in the majority
of the cases) no evidence of risk-adjusted returns of any materiality having to be given up.
That is, what we show is that the significant gains in climate risk of the previous subsection
can be achieved without diminutions in monthly risk-adjusted returns of any significance.

In carrying out our Fama and French tests, we compare the out-of-sample returns at each
of the 19 portfolio points of each dataset with the returns of well-documented risk factors on
financial markets. In doing so, we can determine whether the portfolios that result from our
optimizations generate market-rate compensations for the risks taken. The well-documented
risk factors taken into account are those of the five-factor Fama-French model, i.e., excess
returns on the market portfolio Rysx; — Ry (with R ¢ the vector of risk-free rates), the return
on the small minus big portfolio Rgyp, the return on the high minus low portfolio Rgayyz,, the
return on the robust minus weak portfolio Rgysw, and the return on the conservative minus
aggressive portfolio Rcy4. In this way, we estimate the average abnormal return of portfolio
point g over the period with out-of-sample returns by ¢, using the following model

R, = a41 + Buis Rukr — Ry) + BsmpRsup+
+ BumLRumr + BrRuwRrmw + BemaRema + €4. 3)



Table 5 This table reports average sector portfolio weights on the M-V efficient frontier and on the 5, 10, 20
NC-efficient fronts

Mean weight Eff. frontier 5 NC-efficient front 10 NC-efficient front 20 NC-efficient front

Panel 1: Trucost Total Impact Ratio

Basic Materials 0.029 0.021 0.026 0.026
Consumer Discretion  0.187 0.140 0.136 0.121
Consumer Staples 0.118 0.109 0.102 0.087
Energy 0.081 0.066 0.061 0.047
Financials 0.057 0.105 0.112 0.139
Health Care 0.204 0.313 0.314 0.314
Industrials 0.074 0.051 0.051 0.052
Real Estate 0.019 0.029 0.035 0.044
Technology 0.111 0.109 0.112 0.12
Telecommunications ~ 0.028 0.019 0.019 0.019
Utilities 0.091 0.039 0.034 0.032
Panel 2: Trucost Total Intensity

Basic Materials 0.029 0.022 0.025 0.024
Consumer Discretion  0.187 0.154 0.137 0.120
Consumer Staples 0.118 0.126 0.113 0.092
Energy 0.081 0.047 0.044 0.034
Financials 0.057 0.088 0.115 0.158
Health Care 0.204 0.329 0.335 0.339
Industrials 0.074 0.044 0.047 0.044
Real Estate 0.019 0.026 0.032 0.034
Technology 0.111 0.109 0.110 0.12
Telecommunications  0.028 0.018 0.015 0.012
Utilities 0.091 0.036 0.027 0.022
Panel 3: Sautner et al. (2023) Climate Change Exposure

Basic Materials 0.026 0.040 0.046 0.050
Consumer Discretion  0.173 0.124 0.125 0.131
Consumer Staples 0.122 0.120 0.108 0.102
Energy 0.068 0.001 0.001 0.001
Financials 0.043 0.028 0.030 0.041
Health Care 0.225 0.350 0.359 0.354
Industrials 0.080 0.084 0.086 0.089
Real Estate 0.022 0.038 0.042 0.047
Technology 0.121 0.167 0.160 0.142
Telecommunications  0.029 0.026 0.026 0.029

Utilities 0.090 0.022 0.017 0.015




Table 5 continued

Mean weight Eff. frontier 5 NC-efficient front

10 NC-efficient front

20 NC-efficient front

Panel 4: Sautner et al. (2023) Climate Change Risk

Basic Materials 0.026 0.040
Consumer Discretion  0.173 0.102
Consumer Staples 0.122 0.119
Energy 0.068 0.002
Financials 0.043 0.025
Health Care 0.225 0.325
Industrials 0.080 0.088
Real Estate 0.022 0.034
Technology 0.121 0.174
Telecommunications ~ 0.029 0.027
Utilities 0.090 0.062
Panel 5: Sautner et al. (2023) Climate Change Sentiment
Basic Materials 0.026 0.040
Consumer Discretion  0.173 0.124
Consumer Staples 0.122 0.120
Energy 0.068 0.001
Financials 0.043 0.028
Health Care 0.225 0.350
Industrials 0.080 0.084
Real Estate 0.022 0.038
Technology 0.121 0.167
Telecommunications  0.029 0.026
Utilities 0.090 0.022
Panel 6: Gorgen et al. (2020) Carbonp

Basic Materials 0.024 0.010
Consumer Discretion  0.250 0.230
Consumer Staples 0.110 0.156
Energy 0.056 0.078
Financials 0.046 0.058
Health Care 0.161 0.224
Industrials 0.058 0.030
Real Estate 0.017 0.001
Technology 0.126 0.138
Telecommunications ~ 0.034 0.001
Utilities 0.116 0.073

0.040
0.102
0.117
0.004
0.03

0.317
0.089
0.034
0.174
0.028
0.065

0.046
0.125
0.108
0.001
0.030
0.359
0.086
0.042
0.160
0.026
0.017

0.006
0.232
0.164
0.070
0.069
0.227
0.028
0.000
0.139
0.001
0.063

0.041
0.104
0.114
0.007
0.037
0.301
0.092
0.035
0.171
0.031
0.067

0.050
0.131
0.102
0.001
0.041
0.354
0.089
0.047
0.142
0.029
0.015

0.006
0.222
0.176
0.056
0.078
0.240
0.025
0.000
0.138
0.001
0.056




For the model, we download from Kenneth French’s website® the monthly returns of the
risk factors from the North-American category for the S&P sample. We ran 114 regression
models (19 portfolio points times 6 measures for climate risk) to obtain from Equation (3) the
risk-adjusted abnormal returns o, and coefficients of the risk factors (Bax:, BsmB, BHML-
Brmw, and Bcya) for the portfolios of all portfolio points.

In Table 6 we show the 114 monthly «-results (i.e., abnormal returns) of the regressions.
The portfolio points 1/n, vw, minVarQ, maxSHAO, and maxRet( are available for investors
who ignore climate risk as an objective, i.e., who only base their decisions on the financial
characteristics. That is, they are only for the portfolio points on the M-V efficient frontier.
While slightly negative, they are not statistically different from zero (except the maxSHAO
portfolio point).

The minCR portfolio is essentially never located on the M-V efficient frontier as it is
the portfolio that ignores expected return and variance and only concentrates on minimizing
climate risk. For this portfolio, the results of the experiments show that this portfolio generates
risk-adjusted abnormal returns close to zero. Another portfolio that is new to the decision-
making process in the M-V framework is minCRO portfolio. It is the portfolio of minimum
climate risk of all portfolios on the M-V efficient frontier. While the «’s of this portfolios
are slightly negative, they are again not significantly less than zero.

The other rows in the table are for the portfolio points on the bp = 5, 10, 20 NC-efficient
fronts and give us a sense of what else is on the efficient surface as we shift away from the
M-V efficient frontier to regions of lower climate risk. The 14 other portfolio points could be
generated when applying Hirschberger et al. (2013) to obtain the efficient surface. Related
to these 14 portfolio points are 84 abnormal return estimates of which only three (two, five)
portfolio points generate an out-of-sample risk-adjusted portfolio return that is significantly
smaller than zero at the 1%-level (5%-, 10%-level). These portfolios have a significantly
lower return than an investment alternative generating market return at the same profile.
These results reveal that the majority of the NC-efficient front portfolio points (about 88%)
generate a return that is not significantly different from the market-rate return. Therefore, we
conclude that reducing climate risk does not to a large extent harm financial return.

Even if we were to take the most negative o for a minCR-portfolio point on an NC-efficient
front portfolio, the one of —0.463 (minCRO5, Carbon ), that would only amount to —5.56
bp/yr, well within any leeway of any climate risk committed investor would certainly grant
to a fund manager for pursuing low climate risk. Thus, the meaning of the columns is that we
find no evidence that there is any material loss in risk-adjusted returns when using tri-criterion
portfolio selection, rather than M-V optimization. In summary, Table 6 shows us that the
portfolios of almost all portfolio points on the efficient surface generate performances that
compensate investors with market-rate returns.

4 Robustness checks

In this section, we conduct robustness checks on the portfolio results of the previous section.
We do this to see if anything unusual crops up that might cast doubt on the interpretation
of this paper, which is that current methods for computing optimal climate risk portfolios
fail to notice considerable amounts by which climate risk can be reduced without affecting
risk-adjusted returns.

5 http://mba.tuck.dartmouth.edu/pages/faculty/ken.french/data_library.html.
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In these robustness checks, other performance measures (following DeMiguel, Garlappi,
Nogales, & Uppal, 2009a; DeMiguel, Garlappi, & Uppal, 2009b) are applied to compare the
portfolios generated at NC-efficient front portfolio points against the 1/n portfolio under the
assumption that the 1/n portfolio can be viewed as a satisfactory benchmark for normalcy
that performs as well as any other portfolio.

The performance measures used for comparing the portfolios of the experiments against
the 1/n portfolio are out-of-sample variance, out-of-sample Sharpe ratio, out-of-sample
certainty-equivalent (CEQ) return, and portfolio turnover. In summary, the results of all
below robustness tests provide supporting evidence for the conclusions drawn from the main
analyses.

(1) Out-of-sample variance. Our first additional performance measure is the out-of-sample
variance of the portfolio returns. Therefore, we test the hypothesis that the out-of-sample
variance of a particular portfolio point is equal to the out-of-sample variance of the 1/n
portfolio point, i.e., Hy : Ac? = o2 — 012/" =0,q € {2,...,19}. The reason for this
notation is that the 1/n portfolio is portfolio ¢ = 1 in Table 1. The out-of-sample variance is
given by

L

N 1 .

4= 77 2R Xim1g — i), )
t=1

where L is the number of out-of-sample periods. Statistical inference is derived by applying
the bootstrap approach suggested by Ledoit and Wolf (2011).

Results of our out-of-sample variance tests are given in the first set of columns of Table 7
for the Trucost Total Impact Ratio. Results for the other measures of climate risk are not
shown as they are in effect qualitatively the same. The results of the tests show that the
out-of-sample variance of the minVarbp and the maxSHAbp portfolio points for all levels of
bp are significantly lower than the out-of-sample variance of the 1/n portfolio. Additionally,
the out-of-sample variance of the minCRbp portfolio points is not significantly different
from the out-of-sample variance of the 1/n portfolio. Moreover, the absolute levels of the
out-of-sample variance appear also to be rather invariant to changes in the bp-relaxation.

(2) Out-of-sample Sharpe ratio. In comparing portfolios using this metric, we test the hypoth-
esis that there is no difference between the out-of-sample Sharpe ratio of portfolio ¢ and the

out-of-sample Sharpe ratio of the 1/n portfolio, i.e., Hy: ’;" — Z‘# =0,g€{2,...,19}. In
q n
Ho, fi4 is the sample mean of out-of-sample returns given by

L

R 1

fig =7 D Rl Xio1g ®)
t=1

where L is the number of out-of-sample periods and &, is out-of-sample standard deviation
given by Equation (4).

To test the hypothesis, we compute two-sided p values using the studentized circular
block bootstrap process of Ledoit and Wolf (2008) with B = 1000 bootstrap resamples and
block size b = 5. The performance of bootstrap methods has been shown to be more efficient
than the standard test suggested by Jobson and Korkie (1981) after correcting as in Memmel
(2003). Results of our out-of-sample Sharpe ratio tests are given in the second set of columns
of Table 7 for the Trucost Total Impact Ratio.

The Sharpe ratio tests reveal that no NC-efficient front portfolio underperforms the 1/n
portfolio point at the 10% significance level on this measure. The column labeled ASHA



Table 7 This table reports on the differences in out-of-sample (ofs) variances, Sharpe ratios, certainty-
equivalent returns (CEQs), and turnover rates between our portfolio points and the 1/n portfolio for the
climate risk measure Total Impact Ratio

ofs variance ofs Sharpe ofs CEQ
Avar p value ASHA p value AC/E(\Q p value turnover
1/n 0.002 0.000 0.007 0.065
VW —0.309 (0.000) —0.003 (0.878) —0.001 (0.852) 0.016
minCR 0.756 (0.000) —0.065 (0.190) —0.002 (0.753) 0.186
minVarQ —0.804 (0.000) —0.006 (0.886) —0.002 (0.858) 0.288
maxSHAO —0.467 (0.000) —0.040 (0.305) —0.003 (0.935) 0.337
minCRO 0.170 (0.261) —0.027 (0.540) —0.001 (0.660) 0.364
maxRet0 0.525 (0.001) —0.020 (0.663) 0.000 (0.422) 0.224
minVar05 —0.798 (0.000) —0.007 (0.879) —0.002 (0.858) 0.288
maxSHAO5 —0.436 (0.001) —0.043 (0.251) —0.003 (0.948) 0.337
minCRO5 0.090 (0.592) —0.031 (0.461) —0.001 (0.728) 0.362
maxRet05 0.468 (0.002) —0.005 (0.916) 0.001 (0.303) 0.248
minVarl0 —0.788 (0.000) —0.008 (0.849) —0.002 (0.863) 0.289
maxSHA10 —0411 (0.001) —0.041 (0.277) —0.003 (0.946) 0.331
minCR10 0.048 (0.745) —0.026 (0.508) —0.001 (0.714) 0.377
maxRet10 0.423 (0.005) —0.002 (0.957) 0.001 (0.301) 0.257
minVar20 —0.771 (0.000) —0.011 (0.801) —0.002 (0.870) 0.296
maxSHA20 —0.369 (0.002) —0.027 (0.442) —0.002 (0.888) 0.334
minCR20 0.065 (0.671) —0.029 (0.477) —0.001 (0.733) 0.371
maxRet20 0.410 (0.005) 0.005 (0.907) 0.002 (0.236) 0.259

The test of the out-of-sample variance considers the difference Avar = ?7\3 - 312 ,, and the bootstrapped p
values (in parentheses) of the differences are computed in accordance with Ledoit and Wolf (2011). The test

of the out-of-sample Sharpe ratio considers the difference ASHA = §I\Aq - S/I-El /n and the bootstrapped
p values (in parentheses) of the differences are also computed in accordance with Ledoit and Wolf (2008).
The test of the out-of-sample CEQ considers the difference A@ = Cﬁq - @1 /n and the p values (in
parentheses) of the differences as computed in accordance with Greene (2002). Finally, turnover is reported
in the last column of the table

reports the bootstrapped differences in Sharpe ratios between the different portfolios and
the 1/n portfolio, with the numbers in parentheses being bootstrapped p values. A positive
ASHA value represents a greater level of compensation (in terms of financial return) per unit
of risk for the portfolio undergoing comparison than for the 1/n portfolio, and thus indicates
better risk-adjusted performance. The statistical inference (reported as p values) adds to our
findings by showing that the risk-adjusted performance of NC-efficient front portfolios is
insignificantly different from that of the 1/n portfolio.

(3) Out-of-sample certainty-equivalent (CEQ) return. Here we compare the portfolios gen-
erated at the 18 portfolio points on the NC-efficient fronts against the 1/n portfolio using
certainty-equivalent returns, where the CEQ return of an uncertain payoff is the risk-free rate
at which an investor is indifferent between the two. In this way, the higher the CEQ return of
a portfolio, the better its performance all other things equal. The CEQ return of a portfolio
at portfolio point g is given by



1
2
where /i, and &qz are as in (5) and (4), and A, is a risk tolerance parameter. Following
DeMiguel et al. (2009b), we report results for the A, = 1 case. For determining whether
the out-of-sample CEQ returns of two strategies g and 1/n are statistically distinguishable®,
we apply one-sided tests with null hypothesis Hy: 6]57251 — 6]5?)1 s = 0 and alternative
hypothesis H, : C/ET)q - C/ETQI/H < 0.

Results of our CEQ tests are given in Table 7 and they support the conclusion that NC-
efficient front portfolios do not suffer financially, i.e., their risk-adjusted performances are
on a par with those of the 1/n portfolio. To illustrate the table, the A@ = —0.003 entry
for the maxSHAQ point asserts that the certainty equivalent of this point is only 0.3bp lower
(statistically insignificant) than the riskless equivalent payoff of the 1/n portfolio. A high
certainty-equivalent return of a risky asset indicates that the asset generates high returns,
and thus, an investor would only substitute the gamble for a riskless alternative if the riskless

CEQ, = )iy — 56, (6)

alternative payoff were higher. Thus, a positive or insignificantly negative A@(\Q value occurs
if the performance of the portfolio is not worse than that of the 1/n portfolio. We observe
this result (positive or insignificantly negative A@T) values) at all portfolio points for all
datasets. Tests for other values of A, were conducted but are not reported because they show
nothing new.

(4) Portfolio turnover. With this metric, we assess the amount of trading associated with the
different portfolios. We calculate the monthly turnover of a portfolio as the percentage of the
total wealth of a portfolio that is traded on average between two reporting dates. Formally,
for generic portfolio ¢, portfolio turnover is given by

L-1 n
Turnover, = ﬁ Z Z ‘le],t+1 — x;ﬁ ®)
=1 i=1
where n is the number of securities, x; p
rebalancing, and xci;, ++1 1s the weight on asset i at time ¢ + 1 after rebalancing. We report
turnover because of concerns about this issue in actively managed portfolios, particularly
when there is rebalancing each month. Results of our turnover testing are given in the last
column of Table 7.

The average monthly turnover of the 1/n portfolio is observed to be 6.5%, and is thus
similar to the ones reported in DeMiguel et al. (2009b). The value-weighted portfolio has
a turnover smaller than the 1/n portfolio. All other turnover rates at the NC-efficient front
portfolios exceed the turnover rate of the 1/n portfolio. Since in active portfolio management
there always seem to be shares bought and sold between reporting dates, this leads to an

. is the weight on asset i at time ¢ 4 1 before

6 Let ;lq S, 0g,Or and oq.r denote the calculated means, standard deviations, and covariances of the out-of-
sample rewards of portfolios ¢ and r over a sample of size L. We evaluate the p values of the difference using
the results of the asymptotic properties of the test statistic f (1) = (Apjitq _qu) —(Apitr —0,2) for two different
portfolio strategies r and ¢ and the estimators for means and variances pooled in n = (Ayflg, Ay fir, oqz, J,.z)
following Greene (2002), who shows

oy Oq,r 0 0
e af’ _afy . ogr 02 0 0

VM (f@) = f) N(O,EOE with © = (707 "5 4 202, | (7
0 0 22, 2



increase in turnover compared to passive strategies, in which only small adjustments to
existing weights are normally required. Nevertheless, with regard to the turnover rates for the
active portfolio management approaches described in DeMiguel et al. (2009b), our turnover
rates are modest and do not jeopardized this research.

5 Conclusion

Whereas most research on sustainability and climate risk in investing has focused on how
sustainability funds perform on returns, this paper is different in that we also focus on whether
sustainability funds do all they can to offer investment solutions with the least climate risk
content for their investors. This is important to serious, or “motivated” to use the term from the
ESG paper by Pedersen et al. (2021), climate risk investors. Our findings are that significant
amounts of climate risk are overlooked, but can be reduced in portfolios without significant
losses in risk-adjusted returns provided appropriate methods are used. The situation is not
obvious. Fund managements are unaware of what they are not taking care of, and clients are
unaware of what reduction in climate risk they are missing. But here we spell it out as we
can’t see why both sides wouldn’t be interested in the perspective.

Reduction potential is overlooked because it is totally not seen by the standard procedures
used for constructing optimal portfolios (portfolio approaches only considering financial
objectives). Nobody picks up a $100 bill if nobody sees it. But to reliably uncover amounts
of climate risk that are very hard to know exist, one needs to treat a serious investor’s interest
in climate risk as, beyond risk and return, a third objective. With a third objective, the efficient
frontier becomes an efficient surface. This is important because on the efficient surface are
all points of Pareto optimal risk, return, climate risk trade-off. Since one’s point of optimal
three-way trade-off could be anywhere on the efficient surface, NC-efficient fronts as applied
in this paper are used for exploring the efficient surface and this is how portfolios with
significantly less climate risk without significantly diminished risk-adjusted returns can be
found. The difficulty of the approach is that efficient surfaces and NC-efficient fronts require
techniques of parametric quadratic programming to construct as shown in Hirschberger et al.
(2013) and Steuer and Utz (2023), techniques known in operations research but not yet well
known in finance.
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